ON TAP SO PHUC - 6-11-2023

Cau 1:

Cau 2:

Caiu 3:

Cau 5:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cho s6 phirc z théa man (4+3i)z =50-25i. S6 phtrc lién hop ciia z c6 phén 4o bang
A. 10 B. —10i C. -10 D. 10:

Cho s6 phtic z thda man z + 4i.z=5-3i.Khi d6 sb phitc 15z ¢ phan thyc bang
A, —. B. —. C. 23. D. -17.

Cho s6 phirc z thoa man 4z +8i = 6 —3iz . Khi d6 mddun cua sé phic z bang

A. |Z|=—2. B. |z|:4. C. |Z|=2. D. |Z|=—4.

Cho hai s6 phtc zy=m+1-2i va z; = 2—(m + l)i . C6 bao nhiéu gia tri thuc cta tham sb
m dé z,.z, —8+8i 1a mot s6 thuc.

A. 1. B. 2. C.3. D. 4.

Cho s6 phirc z = x+ yi (x,y € R) théaman (1+2i)z+z=3-4i. Tinh gia tri ctia biéu thirc
S=3x-2y.

A. S=-12 B. §=-11 C.5=-13 D. §=-10

Cho s6 phitc z=a+bi(a,b€R) théa man (1+i)z+22=3+2i.Tinh P=a+b

A. P=1 B.P:—% C.P:% D. P=-1

Cho hai s6 phirc Z=6+3i yva w=1-5i S phirc Z—W bang
A, 7-2i. B. -5-8i. C.5+8i. D. 5-2;.

Cho céc sb phtc z, =2+3i, z, =4+5i. S6 phitc w=2(z,-z,) bang

A.w=4+4i. B. w=8+15i. C. w=8-15i. D.w=4-4i.
\ P S (1+i)3i
Tim phan 4o cuia s0 phtc z, biét z = T

—1i
A. -1 B. 0 C. 3 D.3

3

- (Hﬁi) -
. Tim modun cua z +iz.

Cho s6 phitic z théa man: z = T
—1

A. 42 B. 4. C. 8\2. D. 8.



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cho s6 phtic z = g + bi thda min z(1+2i)2 +z=-20+4i .Giatri a*—b* bing
A. 16. B. 1. C.5. D. 7.
Cho s6 phitc z théa mén |z|—2Z = —7+3i+z. Tinh |z|?
13 25
A. 3. B. —. C. —. D.5.
4 4
Goi z,, z, 1a nghiém cta phuong trinh z°-4z+29=0. Biét z, €0 phan 4o am. Tinh
A=1z>-2z,+4z
A. 17+50i. B. —17-50i. C. —17+50.. D. 17-50i.
Cho phuong trinh z* +6z+25=0 c¢6 hai nghiém z,, z, véi z, co phan 4o khong 4m. Tim
phan thyc cta s6 phitc w=(1+i)z’ -z,
A. 18. B. 18 C. 20. D. -20.
Cho phuong trinh z° —az+b=0 véi a,b R nhan z =1+4i 1am nghiém. Tinh a+5b.
A. 15. B. -15. C. 19. D. -19.
Biét phuong trinh z> +2z+m=0 (meR) cé mot nghiém phic z =—1+3i va z, 1a
nghiém phirc con lai. S6 phirc z,+2z,1a?
A. -3-3i. B. -3-9i. C. -3+3i. D. -3+9i.
Phuong trinh bac hai nao sau day cé nghiém 1+ 2i ?
A. 22 =2z+3=0. B. 22 +2z+5=0.
C.z*-2z+45=0. D. z*+2z+3=0.
Néu z =i la mot nghiém phirc ciia phuong trinh z> +az+b=0 véi (a,b € ]R) thi a+b
bang
A. 2. B. 1. C. 1. D. 2.
Trén tap s6 phuc , goi z,,z,,z,,z, 1a cac nghiém cia phuong trinh z*+3z°—4=0. Tinh
I'=z+z,+z,+2z,
A. -3 . B. 0 C.1+2i. D. 2+2i.
Trén tap sd phirc, cho phwong trinh 4z* +62z% +1=0. S6 nghiém khéng phai 13 sé thuc cta

phuong trinh trén la



A. 4. B. 2. C.1. D. 0.

Céu 21: Trén tap sd phirc, cho phwong trinh z* +az+b=0. Biét ring z =1+ 1a mot nghiém cua
phuong trinh . Khi d6 a —b bing

A. -6 . B. 6. C.2. D. -2.

Céu 22: Cho sb phuc z =1+ 2i. Piém biéu dién cua sb phic w=z+ iz trén mat phang toa do 1a
diém nao dudi day?

A. 0(3:2). B. N(2;3). C. P(-3;3). D. M (3;3).
Cau23: Goi z,, z, 1a cac nghiém clia phuong trinh z* +2z+10=0 trén tip hop sd phtrc, trong d6

z, 1a nghiém c6 phan ao duong. Trén mit phang toa do, diém nao dudi day la diém biéu

dién s6 phitc w=3z,—2z,?
A. M(15;-2). B. P(-1;15). C. N(-2:15). D. O(15;-1).
Céu 24: Cho cic sé phirc z théa min |z +1- i| = |z -1+ 2i| . Tap hop céac diém biéu dién cac s6 phuc
z trén mit phang toa do6 1a duong thang c6 phuong trinh 14
A. 4x+6y-3=0. B. 4x+6y+3=0.
C.4x-6y—-3=0. D. 4x-6y+3=0.
Céu 25: Trong mit phing toa dd Oxy, tip hop cac diém biéu bién cac s6 phuc z thoa min
|z -1+ 2i| = ‘;+ I+ 21" 1a dudng thang c6 phuong trinh
A. x-2y+1=0. B. x+2y=0.
C. x-2y=0. D. x+2y+1=0.
Cau 26: Tap hop cac diém biéu din sd phirc - thoa man |z—i|= ‘(1 +i )z‘ 1a mot dudng tron, tAm
cua duong tron do co toa do l1a
A. (1;1). B. (0;-1). C. (0s1). D. (-1;0).
Céu 27: Cho céc s6 phtic z théa man |z + 1| =2 . Biét rang tap hop cac diém biéu dién cac sb phirc

w= (1 +i8 ) z+1i 1a mot duong tron. Ban kinh » cua dudng tron do 1a

A. 9. B. 36. C. 6. D. 3.



Ciu 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

zZ—1

Trén mit phang toa 46 Oxy . Tap hop diém biéu dién sé phtic z théa man -(=11a
Z41i

A. Puong thing y=—x. B. Truc tung.

C. Duong thang y=x. D. Tryc hoanh trir diém (0;—1) .

Tép hop diém biéu dién cua s6 phirc z thod man |z +3-2i|+|z-3+i| = 3J51a

A. Duong tron. B. Doan thang.

C. Duong thang. D. Elip. ) i

Cho so0 phttc z thoa man |4z+3i|54z—-4+5i|. Tim gia tri nho nhat cua bieu thuc
P=z+i].

A. miané. B. min P =+/5. C.mnP=2J5.  D. miang.

Trong céc so phirc z thdéa man |z -2- 4i| = |z —2i|, s0 phtrc z ¢6 module nho nhat la

A. z=1+i. B. z=2-2i. C. z=2+2i D.z=1-i
Cho s6 phirc z théa man |z—2—2i| =1. Module nho nhat cta sé phirc z la:

A. 1. B. 24/2-1. C. 2. D. 242 +1.
Cho sb phirc z thoa mén |z -2- 3i| =1. Tim gi4 tri 16n nhét cua |z| la:

A. J13. B. 1. C. J13+1. D. JV13-1.

Véi hai s6 phtrc z, va z, thda man z, +z, =8+6i va |z, —z,|=2. Tim gi4 trj 16n nhat cta

P=|Zl|+|22|.

A. P=5+35 B. P =226 C. P=4J6 D. P=34+32
Cho sb phirc z thoa man |z| =1. Tim gi4 trj 16n nhét cua biéu thirc A = l+§ .

A. 5 B. 4 C.6 D. 8

Cho s6 phitc 7 thoa man |z” +4| = 22| Ki higu M, m lan luot Ia gié tri 16n nhat va nho nhat
cua |z| . Tim médun cua s phitc = M +mi .
A.|o|=243 B. |o|=3 C. |o]=2v5 D. |o|=+5

Cho s phirc z thoa mén |z* —2iz|=2 . G tri 16n nhét cta biéu thirc P =|iz+1| bing

A. 2. B.3. C.\3. D. V2.



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

C6 bao nhiéu s6 phirc z thoa mén diéu kién ‘z + z\/g‘ + ‘z — 1\/3‘ =6, biét z c6 mddun bang
J52

A. 3. B. 4. C.2. D. 0.
Cho hai s6 phtc z, w théa man |z+w|=\/ﬁ, z+2w|=\/§ve‘1 |z—2w|=5\/§. Gia tri

ctia biéu thire P = z.w+z.w bang

A. 1. B. 2. C. 4. D. 3.
Goi S 1a téng cac sé thuc m dé phuong trinh z> —2z+1—m =0 ¢ nghiém phirc thdéa man
|z2|=5. Tinh S.

A. S=13. B. §=28. C. §=52. D. §=22.
Cho céc s6 thuc b,c sao cho phuong trinh z° +bz +c =0 ¢ hai nghiém phic z,, z, thoa
min |z, —6—8i|=2\/m va (z,+2i)(z,—6) 1a so thudn &o. Tong hai nghiém cia hai

nghiém z,, z, bang

A. -20. B. 20. C. 8. D. -8.
Trong mat phéng hé truc toa d0 Oxy, goi M la diém biéu dién cua sb phuc Z i zZ,w
w
. .13 3 . 5
khédc 0,z4+w#0 va —+—= . Khi d6 OM bang:

z w zZ+w

.3 5 z

C. —. D. —.

3 3 NE)

Xét cac s6 phire z =x+ yi,(x,y € R) théa man |z —2—4i|=|z 2| va |z +i| dat gi4 tri nho
nhat. Tim P =4x—-2y.

A. 2.

A. -2. B. 10. C. 4. D. 7.
Xét céc sd phic z thoa man (; —8i )(z +8) 1a sb thuan 0. Trén mat phing toa d¢, tap hop

tat ca cac diém biéu dién hinh hoc ciia z 1a mot dudng tron c6 ban kinh bing
A. 42 B. 24/2. C.2. D. 4.
Biét sb phirc z thda man |z —1| <1 va z—z c6 phan ao khong 4m. Phan mit phang biéu

dién s6 phuc z c6 dién tich la:

A. 27 . B. 7°. C. D. 7.

N

Trong céac s6 phtic z théa man (z +iz —4) la s6 thuan 4o. SO phurc z c¢6 modun nho nhat

la



A. z=2+2i. B.z=—1+i. C.z=-2+2i. D. z=3+2i.
Cau 47: Cho sé phitc z thoa man ‘;—3+3i‘ — 2, 36 phic w thoa man |w+2—i|=1. Tim gi4 tri nho

nhét cua |w—z| .

A.21-3. B. V29 +3. C.29-3. D. J21+3.

Cau 48: Cho hai sb phirc z,w thod |z|=1;|w]=4 va zw+w.z+8=0.Goi M ,m lan luogt la gia tri

zZ—1

.Khi d6 m—7M bang
w+3i

16n nhét, gia tri nho nhét cua P = ‘

A. -1. B. 1. C.2. D. -2.
Chu 49: Xét cac sO phic z, w thoaman |z—2w|=4 va [3z+w|=5.

Khi |5z —3w+i| dat gid tri nho nhét, hay tinh gid trj |z —w+1].

A.M. B. 4. C.2. D.ﬂ.

7 7
Cau50: Cho s§ phic z théa man |2”+6iz|=16. Tim gid tri 16n nhit cia biéu thic

P=|(3+4i)z-12+9i|

A. 50. B. 25. C.5. D. 20.



Huéng dén giai
Caul: Cho sd phirc z théa man (4+3i)z =50—25i. S6 phirc lién hop ciia z 6 phan 4o bing
A. 10 B. —10i C. -10 D. 10i
Loi giai
50-25i

Taco (4+30)z=50-25i >z == ©z=5-10i=z=5+10i
+ 31

Vay phan a0 cua z bang 10.

Cau2: Cho s phic z thdamin z+ 4i.z=5-3i.Khi d6 sb phitc 15z ¢ phan thyc bang

A.é. B. —1—7. C. 23.
15 15

Loi giai

Goi z=a+bi
Khi d6 z+4i.z=5-3i < a+bi+4i(a—bi)=5-3i < (a+4b)+i(b+4a)=5-3i

7
a+4b=5 =75
f— = .
4a+b=-3" |, _23
15
23 .

Vay z=—%+gl:>lSz=—17+23i.Véyph§n thue ciia 15z bang —17.

Cau 3: Cho s phuc z thoa min 4z +8i = 6—3iz . Khi d6 mddun cta s6 phirc z bang
A. |Z|=—2. B. |Z|:4. - D. |Z|:—4.
Loi gidi

Taco: 4z+8i=6-3iz < (4+3i)z=6-8i < z= 08 =-2i =z =2.

4+ 3

Cau4:  Cho hai s6 phirc z =m+1-2i va z;=2—(m+1)i. Cé bao nhiéu gi tri thuc clia tham s6

m dé z,.z, —8+8i 1a mot so thuc.

Al B.2. C.3. D. 4.



Loi gidi
Ta ¢o: 2.2, ~8+8i =(m+1-2i)[ 2—(m+1)i |-8+8i =—8+(-m’ —2m+3)i.

m=1

Dé z,.z, —8+i lamot sb thyc thi —m2—2m+3=0<:{ 3
m=—

Vay c6 hai gia tri ciia tham s6 m dé z,.z, —8+i 1a mot so thuc.

Cau5: Chosb phtc z=x+yi (x,y € R) thoa man (1 + 2i)2+ z=3-4i.Tinh gia tri cia biéu thirc

S=3x-2y.
A. S=-12 B. S=-11 C.S=-13 D. S=-10
Loi giai
, - (2x+2y=3 |FT72
Co (1+2i)z+z=3-4i o 7=85=-13.
2x=-4 y=—§

Cau 6:  Cho s6 phicc z=a+bi(a,beR) théaman (1+i)z+2z=3+2i. Tinh P=a+b

A. P=1 B.P:—l C.P:l
2 2

Loi giai

Ta co :

(1+i)z+2§=3+2i<:>(1+z‘)(a+bi)+2(a—bi)=3+2i
<3a-b+(a+b)i=3+2i
_l
fa—b:3 =3
o o
a-b=2 3

b=-=
2

Vay P=a+b=-1.

Cau7: Cho hai sb phirc Z2=6+3i yva w=1-5i S§ phirc Z—W bang

A 7-2i. B. —5-8i. C.5+8i. D. 5-2i.



Loi giai
Tacé z—w=(6+3i)—(1-5i)=5+8i.
Cau8: Cho céc s phitc z, =2+3i, z, =4+5i. Sé phirc w=2(z,—z,) bang
A.w=4+4i. B. w=8+15;. C. w=8-15;. D.w=4-4;.
Loi giai
Tacd z,—z =(4+5i)—(2+3i)=2+2i > w=2(z,—z ) =4+4i.

Vay s phitc w=4+4i.

Cau 9: Tim phan 4o cua so phuc z, biét z =

A. -1 B. 0 C.-3 D. 3

N s N2 A: A
(1+1)3i _ (1+1)231 _2i30 373
1-i 1-i 2

Vay phan 4o ctia s6 phirc z1a 0.

Taco: z=

_ (1+\/§i)3

Cau 10: Cho so phttc z théa man: z = Tim modun cta z +iz.

A. 42, B. 4. C.8/2. D.§.

FB tac gia: Minh Thudn

(1+\/§i)3 _

z= — Sz=-4-4i = z=-4+4]
—1

iz=i(-4-4i)=-4-4i

z+iz=—4—4i+(-4-4i)=-8-8i

‘Z+iz‘= (—8)2 +(—8)2 =82

Cau 11: Cho s6 phitc z = a + bi thoa méan z(1+2i)2 +z=-20+4i . Giatri a*—b* bing



A. 16. B. 1. C.5. D.7.
Loi gidi
FB tac gia: Minh Thudn

Ta co
(1+21’)2 =-3+4i vd z=a—bi.Do d6 theo gia thiét ta dugc
(a+bi)(-3+4i)+a—bi=-20+4i < (-2a—4b)+(4a—4b)i=-20+4i.
—2a-4b=-20 a=4

= .
da-4b=4 b=3

Dod6 a’-b*=7.

Cau 12: Cho s6 phic z théa man |z|-2Z =—7+3i+z. Tinh |2|?

Ta duoc hé {

A.3. B. 13 c. 2 D. 5.
4 4 B

Loi giai
FB tac gia: Minh Thudn

Gia str z:x+yi(x,ye]R).Ta co:

2| -2z =-7+3i+z o Jx* +3* —2x+2yi=-T+x+(y+3)i

2 2 _ = — X = 4
N AX + YT —2x 7+x:>{ .Véy|z|=5.
2y=y+3 y=3
Cau 13: Goi z,, z, 12 nghiém cua phuong trinh z* —4z+29=0. Biét z, ¢cO phan a0 4m. Tinh
A=1z>-2z,+4z
A. 17+50i. B. -17-50:. C. -17+50i. D. 17-50i.
Loi giai
FB tac gia: Louis Nguyen

z=2+5i

Tacod: z°—4z+29=0<
z=2-5]

Suyra z,=2-5i, z,=2+5i

Vay A=z’ -2z, +4z =-17-50i



Cau 14: Cho phuong trinh 2> +6z+25=0 c6 hai nghiém z,, z, véi z, c6 phan ao khong am. Tim
phan thyc cta s6 phitc w=(1+i)z’ -z,
A. 18. B. -18 C. 20. D. -20.
Loi giai
FB tac gia: Louis Nguyen

z=-3+4i

Tacod: z°+62z+25=0<
z=-3-4i

Suy ra: z, =-3+4i.
Vay w=(1+i)z’ —z =20-35i c6 phan thycla 20.

Cau 15: Cho phuong trinh z* —az+b=0 v6i a,b€R nhan z=1+4i lam nghiém. Tinh a+5 .

A. 15. B. —15. C. 19. D. -19.
Loi gidi
FB tac gia: Louis Nguyen
Do phuong trinh z> —az+b=0 nhan z=1+4i suy ra nghiém con lai 1a z=1-4i.

Theo Vi-ét ta co:

a
Z+Z=T=2 =2
=
-_b b=17
1

zz=—=17

Viay a+b=19

Cau 16: Biét phuong trinh z°+2z+m=0 (meR) c6 mdt nghiém phic z, =-1+3i va z, la

nghiém phirc con lai. S6 phirc z,+2z,1a?

A. 3-3i. B. -3-9i. C. -3+3i. D. -3+9i.

Loi giai
Tacod z,+2z, =2 =z, =-2—z ==2—(-1+3i)=—1-3i
=z, 42z, = (—-1+3i)+2(-1-3i)=-3-3i.

Cau 17: Phuong trinh bac hai nao sau day c6 nghiém 1+ 2i ?



A. 22 -2z+3=0. B. 22 +2z+5=0.
C. 22 -2z+5=0. D. 2’ +2z+3=0.
Loi giai
Vi 1+2i 1a nghiém cta phuong trinh bac hai az’ +bz+c¢=0 nén 1-2i ciing 1a nghiém
ctia phuong trinh bac hai az” +bz+c¢=0.

S {(1+2i)(1—2i) =5

suy ra 1+2i 1a nghiém ctia phuong trinh bac hai z* —2z+5=0
1+2i+1-2i=2

Cau 18: Néu z =i la mot nghiém phtc ctia phuong trinh z* +az+b=0 véi (a,b € ]R) thi a+b
bang
A. 2. B. 1. C. 1. D. -2.
Loi giai
Phuong trinh ¢c6 m§t nghiém phttc z =i = phuong trinh con mdt nghiém phurc nita la
z'=—i.
L C|z+2'=0 —a=0 a=0
Khi d6 ta co = = .
z.z'=1 b=1 b=1
Nén a+b=1.
Céau 19: Trén tap s phirc , goi Z,,2,,25,2, 1a cdc nghiém cia phuong trinh z*+32°—4=0. Tinh
I'=z+z,+z;+2z,
A. -3 . B. 0 C.1+2i. D. 2+2i.
Loi giai
FB tic gii: Quang Mén Pham
z=1
2
.4 5 z- =1 z=-1
Taco z'+3z"-4=0< =

22=—4 Z=2l

Suyra: T= z, +z,+z,+2,=0



Céu 20: Trén tap sd phirc, cho phuong trinh 4z* + 62> +1= 0. SO nghiém khdng phai 14 s thyc cua

phuong trinh trén la
A. 4. B. 2. C.1. D. 0.
Loi giai

FB tic gii: Quang Mén Pham

Tacod: 4z +62° +1=0 = 4 nén phuong trinh da cho c6 4 nghiém

khong phai 1a sb thuc

Cau 21: Trén tap sd phiic, cho phwong trinh z* +az+b=0. Biét ring z=1+i 1a mot nghiém cua
phuong trinh . Khi d6 a —b bang

A. -6 . B. 6. C.2. D. -2.
Loi gidi
FB tic gii: Quang Mén Pham

z=1+i 12 mdt nghiém ctia phuong trinh z’ + az+5b =0 nén ta co
a+b-2=0 {a:—2
=

(1+i)3+a(1+i)+b:0<:>—2+2i+a(1+i)+b:0®{a+2=0 b=4

Suyra: a-b=—6
Céu 22: Cho s6 phuc z =1+ 2i. Diém biéu dién cua sb phic w=z+ iz trén mat phang toa do 1a
diém nao dudi day?

A. 0(3;2). B. N(2;3). C. P(-3;3). D. M (3;3).

Loi gidi
FB tic gid: D6 Phiic Thinh

Tacd w=z+iz=1+2i+i(1-2i)=3+3i.

Vay diém biéu dién cta sé phirc w =z +iz 1a diém M (3;3).



Cau 23: Goi z,, z, 1a cac nghiém clia phuong trinh z* +2z+10=0 trén tip hop sd phtrc, trong d6
z, 1a nghiém c6 phan 4o duong. Trén mit phang toa do, diém nao dudi day 1 diém biéu
dién s6 phitc w=3z,—2z,?

A. M(15-2). B. P(-1;15). C. N(-2;15). D. O(15;-1).
Loi giai
FB tic gii: D6 Phiic Thinh

z,=—1+3i

Tacd z° +2z+10=0 < .
z, =—1-3i
Khi d6 w=3z, -2z, =3(-1+3i)-2(-1-3i)=-1+15i .

Vay diém biéu dién s6 phirc w=3z, -2z, la diém P(-1;15).

Céu 24: Cho cic sé phirc z théa min |z +1 —i| = |z -1+ 2i| . Tap hop cac diém biéu dién céc sb phirc

z trén mit phang toa d6 1a duong thang c6 phuong trinh 14
A. 4x+6y-3=0. B. 4x+6y+3=0.
C.4x-6y-3=0. D. 4x-6y+3=0.
Loi giai
FB tic gia: D6 Phiic Thinh

Goi z=x+yi (x,yeR).

Tacd |z+1—i| = |z =1+ 2] & \J(x+1) + (y=1) =y(x=1) +(y+2)
S H2x+14+1* =2y +1=x"-2x+1+ )y’ +4y+4 = 4x-6y-3=0.
Vay tap hop cac diém biéu dién sé phic z 1a duong thing c6 phuong trinh 13 4x—6y—-3=0
Ciu 25: Trong mit phang toa dd Oxy, tip hop cac diém biéu bién cac s6 phic z théa min
|z—1+2i|=‘2+1+2i‘ 1a duong thang c6 phuong trinh
A. x-2y+1=0. B. x+2y=0. C. x-2y=0. D. x+2y+1=0.

Loi giai



Dit z=x+yi(x,y e R)= z=x-yi va M(x;y) la diém biéu dién cta sb phirc z.
Ta cé: |z—1+2i|:‘§+1+2i‘<:>|x+yi—1+2i|:|x—yi+1+2i
<:>‘(x—l)+(y+2)i‘:‘(x+1)+(2—y)i‘

o J(x=1)+(y+2) =(x+1) +(2-y)
S X =2x+1+y  +4y+4=x"+2x+1+ )y’ -4y +4
= 4x-8y=0

= x—=2y=0
Vay tap hop cac diém biéu bién cac sd phtc z thoa mén yéu cau bai toan 1a dudng thing cé
phuong trinh 1a x-2y =0.

Chu 26: Tép hop céc diém bicu dién s6 phitc - théa man |z —i|= ‘(1 +i )z‘ 1a mot duong tron, tam

ciia dudng tron do c6 toa do 1a
A. (1;1). B. (0;-1). C. (0s1). D. (-1;0).
Loi giai
bat z=x+yi (x,yeR).
Tacé |z—i|=|(1+i)2].
=N ‘x+(y—l)i‘ = ‘(1+i)(x+yi)‘ =N ‘x+(y—1)i‘ =‘(x—y)+(x+y)i‘
o X0 +(y—1)2 =(x—y)2 +(x+y)2 SxT+y +2y-1=0 & x° +(y+1)2 =2.
Vay tap hop cac diém biéu din s6 phic z 1a duong tron ¢6 taim (0;—1).
Cau 27: Cho cac s6 phitc z théa man |z+1|=2. Biét ring tap hop cac diém bicu dién cac s6 phirc
w=(1+iJ§ )z+z' 1a mot dudng tron. Ban kinh # ciia duong tron d6 1a

A. 9. B. 36. C. 6. D. 3.

Loi gidi
Goi w=x+yi (x,yeR)

Theo dé bai ta co:



Ciu 28:

Cau 29:

w=(1+0V8)z+i @ w—i=(1+iV8)z & w—i=(1+iV8)(z+1)~(1+i8)
<:>w—i+1+i\/§=(1+i\/§)(z+l)<:>(x+1)+(y—l+\/§)i=(1+i\/§)(z+1)
:>\/(x+1)2 +(y-1448) =\/12 +(VB) 2 (x+1) +(y-1+8) =36

Vay tap hop cac diém biéu dién sb phirc w= (1 + i\/g ) z+1 la mdt duong tron co ban kinh

r==6.
Trén mat phang toa dd Oxy . Tap hop diém biéu dién sb phirc z thoa man Z =11a
Z41i
A. Puong thing y=—x. B. Truc tung.
C. Puong thang y=1x. D. Tryc hoanh trir diém (0;—1) .
Loi giai

Tdc gia: Nguyén Thi Thé; Fb: Nguyén Thi Thé

bat z=x+yi.Dbieukién: z # —i.
-1

zZ+i

Ta co =1 <:>|z—i|:|z+i| c>|x+yi—i|:|x+yi+i| c>|x+(y—1)i|=|x+(y+l)i|

= \/x2 +(y—1)2 :\/x2 +(y+1)2 SxX+Y -2y+l=x"+)y"+2y+1 < 4y=0
& y=0.
Vay tap hop diém biéu dién s6 phirc z 1a truc hoanh trir diém (0;-1).
Tép hop diém bicu dién cta s phitc z thod man |z+3-2i+|z-3+i|= 35 1a
A. Duong tron. B. Poan thang.
C. DPuong thang. D. Elip.

Loi giai 3 3

Tac gia: Nguyén Thi Thé ; Fb: Nguyén Thi Thé

Goi z=x+yi, (x,y € ]R) c6 diém M (x;y) biéu dién z trén mat phéng toa do.

Taco: |z+3-2i+|z-3+i[=3V5

o J(x+3Y +(y-2) +(x=3) +(y+1) =35 (1).
Pit A(-3;2); B(3;-1), thiti (1) taco: AM +BM =35  (2).

Mit khic 4B =(6;-3)= AB=3J5 (3).



Nén tir (2) va (3) suyra M thudc doan thang 4B .
Cau 30: Cho sé phirc z thoa man |4z+3i|=4z—4+5i|. Tim gia tri nho nhit ciia biéu thuc
P=z+i].

u].‘ 5

A. miané. B. min P =+/5. C. min P=2/5. D. min P =
Loi giai _ ] _ ]
Tac gida: Nguyén Thi Thé ; Fb: Nguyén Thi The

Goi z=x+yi véi x,yeR.
Khidé: |4z+3i|=4z—4+5i| < (4x)’ +(4y+3)° =(dx—4) +(4y+5) < y=2x-2

Do do:
P=x+(y+1) =5 —dx+1 =[5 w2l ALl s 2 l £
57 25)°5 5) 55
5
Chu 31: Trong céc sb phirc z théa min |z —2—4i|=|z-2i,
A. z=1+i. B. z=2-2i. C. z=2+2i D.z=1-i

Loi giai

Tdc gia: Pinh Nguyén Khuyén ; Fb: Nguyén Khuyén

bat z=x+yi(x,ye]R).
|z—2-4i|=|z-2i] & |(x=2) +(y-4)i| =|x+(y-2)i]

o J(x=2) +(y—4) =’ +(y-2)

S x+y-4=0 (d)




Tap hop diém M biéu dién sb phirc z 1a dudng thang d .
Do d6 |z| = OM nho nhét khi M 1a hinh chiéu ciia O trén d..
Suy ra M (2;2) hayz=2+2i
Cau 32: Cho s6 phirc z théa man |z -2- 2i| =1. Module nho nhat cta sé phirc z la:
A L. B. 242 -1. C. 242. D. 242 +1.
Loi giai

Tdc gia: Pinh Nguyén Khuyén ; Fb: Nguyén Khuyén

bat z=x+yi(x,y eR). Ta co:

r—2-2i =1 |(x=2)+(y=2)i =1 J(x=2) +(y=2) =l (x=2) +(y-2) =1
.Tap hop diém M biéu dién sb phirc z 1a dudng tron
tam/(2;2), ban kinh R=1. Ta co:

Ay

OM +MI > OI < OM +MI > OA+IA4
SOM+R>04+R<=0OM >04

Vay module nhoé nhit cua sb phic z la:
OA=0I-14=0I-R=22—-1khi M = 4.

Céu 33: Cho sb phuc z thoa min |z—2—3i| =1. Tim gi4 trj 16n nhét cua |z| la:
A. V13, B. 1. C. J13+1. D. J13-1.

Loi giai
Tdc gia: Pinh Nguyén Khuyén ; Fb: Nguyén Khuyén



bat z:x—i-yi(x,ye]R).Ta co: |z—2—3i|=1<:>‘(x—2)+(y—3)i‘=1

= (x—Z)2 +(y —3)2 =1.Téap hop diém M biéu dién s6 phirc z1a duong tron tim /(2;3),
ban kinh R=1. v A
Tacd: OM LOI+IM =0l +14=04
Hay OM < OA. Vay module 16n nhét ciia s6 phuc - M

1a: Od=O[+R=/13+1 khi M=4. IR ;

0

(V]

Cau 34: V6i hai s6 phiic 2 va Z, théa man 2 +2, =8+60 va |z —z,|=2. Tim gia tri 16n nht

cua P:‘Zl‘-l—‘zz‘.

A. P=5+35 B. P=2\/% c. P=4J6 D. P=34+32

Loi gidi:
Fb tac gia: Thanh Loan Chu
Céng thirc trung tuyén: Cho 2 sb phirc 2z va Z, ta lubn co
2+ 2+ -z =2(|af +[=f).
Theo gia thiét z +2, =8+6i =z, +2,|=10.
Ap dung cong thic trén ta c6
2|21+ ) =l + 2l +z - 2f =27 +107 =104

2
= |z, +|z,[ ZM: |2, + |2, | < V252 = 2426 .

2

vay P, =226.



1+2
V4

Céu 35: Cho s6 phuc z thoa mén |Z| =1. Tim gi4 tri 10n nhét cta biéu thic A=
A.5 B. 4 C.6 D. 8
Loi giai
Fb tac gia: Thanh Loan Chu

S5i

z

Taco A=|1+ =1+==6. Vay A 16n nhat bang 6, khi z=i

5
g

5i
z

<1+

Cau 36:  Cho s6 phitc z thoa man |2* + 4|= 2z|. Ki higu M, m lan luot 14 gi4 trj 16n nhat va nho nhat
cua |Z| . Tim médun cua sb phitc =M +mi .
A. |o|=243 B. |0| =3 C. [o|=25 D. o=+
Loi giai:
Fb tac gia: Thanh Loan Chu

Sir dung bat déng thirc vé modun sb phitc |z, — z,| > |z |~ |z, |, ddu “=" khi z =hkzvei k> 0.

Ta cod ‘22 +4‘ >

‘22‘—4‘ —)2‘2‘2

-

22| -4 = || 2]z -4 <0 | <145 =M

2|Z|Z4—‘22‘@‘22‘+2|Z|—4SO:>|Z|Z—l-l-\/g:m
Vay |o|=vM*+m? =23.
Cau 37: Cho sb phitc - thoa man |z*~2iz|=2 . Gié trj I6n nhét ctia biu thirc P =|iz+1| bang
A. 2. B. 3. C_.«/E. D. V2 .

Loi gidi

+ Ta co: 22‘22 —21'2‘ :‘22 —2iz+i +1‘ =

(z=1) +1|

(z=i)]-1.
:>|Z—i|2 S3<:>|z—i|S\/§.

+ P=|iZ+1|=‘l'(Z—i)‘=|Z—i|S\/§.Vély gid tri nhé nhit cua P bing /3.



Céu 38: Co bao nhiéu sd phtc z théa man diéu kién ‘z + z\/g‘ + ‘z — zx/g‘ =6, biét z c6 mddun bang
J52

A. 3. B. 4. C.2. D. 0.
Loi gidi

Goi z=a+bi véi aeR, beR. Ta co hé phuong trinh sau:
{‘Z+i\/§‘+‘z—z\/§‘—6 ‘a+(b+\/§)i‘+‘a+(b—\/§)i =
=

|Z|=\/§ |a+bi|:x/§

o \/a2 +(b+x/§)2 +\/“2+(b‘\/§)2 ‘6©{\/‘“ +07 4245045+ + 7 25 +5 =6

Ja+5 =5 @ +b" =5
o J\10+2455 +410-245h = 6
a’+b*=5
— =1
20+2+/100—20b° = =36 100—20b2=8<:> 100—20b2=64© 5
a’+b*=5 a’+b*=5 a’*+b> =5 b2:2
5
P
5
5
L= 3\/7<:> \/gv 53 3 5v \f
5 5 5 76 5
3
h=-—
J5
Két hop v6i diéu kién ta ¢6 bon s phirc can tim la: z = I AL S I
' ' IRV RN AN N

4 4 3

3.
__$+ﬁl’ Z:—ﬁ—ﬁl.



Cau 39: Cho hai s6 phirc z, w thoa man |z+w]|=+/17, |z+2w|=58 va |z-2w|=5v2 . Gia tri

ctia biéu thirc P = z.w+ z.w bang

Al B.2. C. 4. D. 3.
Loi gidi
Taco |2 =2z, az, + bz, = az, +bz, nén
|z4+2w|=+/58 < |z+2nf" =58 c>(z+2w)(§+2v_v):58
&zl +2zw+2zw+4|w] =58 & |2 +2P+4|n]" =58.
Tuong tu |z —2w|=5v2 < |2 ~2P+4|w| =50.

|l 2P+ 4w =58
Khidé § ., —4P=8=P=2.
|z[ —2P+4|w =50

Cau40: Goi S la tong cac sd thuc m dé phuong trinh z> —2z+1-m=0 c6 nghiém thoa man
|z2|=5. Tinh &.

A. §=13. B. §=28. C. §=52. D. §=22.

Taco: 22 —2z+1-m=0& (z—1) =m (1)

+) Vi m>0 thi (1) z=1£m . Do |Z|:5©‘1i\/;‘:5:{m=;2 |
m=

+) V& m<0 thi (1) & z=1xi-m.

Do |Z|=5©‘1iiM‘:5©1—m=25<:>m:—24 ,

Vay §=16+36-24=28.



Cau 41:

Cau 42:

Cho céc s6 thuc b,c sao cho phuong trinh z° +bz +c =0 ¢ hai nghiém phic z,, z, thoa
min |z, —6—8i|=2\/m va (z,+2i)(z,—6) 1a so thudn &o. Tong hai nghiém cia hai
nghiém z,, z, bang

A. =20, B. 20. C. 8. D. -8.
Loi giai

Truong hop 1: Néu cic nghiém ctia phuong trinh 1a cac sb thuc thi

2, —6-8i|=|(z,—6)+(-8)i|=4/(z,—6)" +64 >2410 mau thuin véi gia thiét.

Trudng hop 2: Cac nghiém phtrc ctia phuong trinh khong 14 cac sb thuce, khi d6 véi

Zy=X+yi=> z,=z,=x—)yi.
Khi 46  ta o |2, ~6-8i|=210 & (x~6)" +(y—8)" =40 va

(Z1 +2i)(22 —6) =[x+(y+2)i].[(x—6)—yi:| = x.(x—6)+y.(y+2)+[(x—6).(y+2)—xy:|.i
12 mot sb thuan ao khi va chi khi phan thyc bang 0 tirc

x.(x—6)+y.(y+2)=0<:>x2+y2—6x+2y=0 (2)
2 2 _

Giai hé gbm (1) va (2): (x=6) +(y=8) _40©{x_4

X'+ —6x+2y=0 y=2

=z, =4+2i,z,=4-2i . Vay z,+z,=8

Trong mat phéng hé truc toa do Oxy, goi M la diém biéu dién cua sb phuc z voi z,w
w
, .13 3 . .
khac 0,z4+w#0 va —+—= . Khi d6 OM bang:
z w z4+w

B Y0,
3

A. 2.

V3 2
T R

C.
Loi giai
FB tic gia: Tién Piép

Véi hai s6 phitc z,w khac 0 théaman z+w#0, ta co:



1+3 3 <:>W+3Z: 3 <:>(w+3z)(z+w):3zw<:>322+zw+w2:0

z W Z+w w zZ+w
z -1 \/ﬁl
2 — =
@3(—) +(£J+1:O<:> w6 6
w) o \w z_-1 A1
w 6 6

Suy ra

HE (_1]: J)

w 6 6 3

CAu 43: Xét cac sb phuc z = x+yi,(x,y € ]R) thoa man |z—2—4i| = |z—2i| va |z+i| dat gia tri nho
nhit. Tim P=4x-2y.

A. 2. B. 10. C. 4. D.7.
Loi giai

FB tic gia: Tién Piép
Tacéd |z—-2-4i|=|z-2i| & [(x-2)+ (y - 4)i| =[x+ (y-2)i Y
S@E=-2 +(y-4=x"+(y-2 o x+y-4=0. \
Vay tap hop diém M (x;y) biéu dién céc s6 phitc z =x+ yi,(x,y e R)
1a dudng thing (d):x+y—-4=0.

Goi 7(0;-1) 1a diém biéu dién s6 phirc —i. Vay ta c6 /4
|z+i| . < IM,,, =IH véi H 1a hinh chiéu cia diém / 1én dudng
thang (d).

Taco IH 1d:x+y-4=0=1IH=x-y+m=0. Do I(O;—l)eIH:>m=—1. Vay IH
c6 phuong trinh la x—y—-1=0.

7 +y—4=0 |7
Toa do diém H =(d)IH théamanhe |~
x-y-1=0 =

W N

= P=4x-2y=".



Ciu 44: Xét cac s6 phirc z théa min (; —8i )(z +8) 1a s6 thuan 0. Trén mit phing toa do, tip hop

tat ca cac di€m biéu dién hinh hoc cua z 1a mot duong tron cd ban kinh bang

A. 42 B. 2.2. C. 2. D. 4.
Loi giai

FB tac gia: Huynh Trong Nghia

Goi z=x+yi (x,y €R) c6 biéu dién hinh hoc 1a diém M (x;y).
Tacd (z-8i)(z+8)=[x—(y+8)i](x+8+yi).
Phén thuc cia s phurc trén 1a x(x+8)+y(y+8)=x"+’ +8x+8y.
Do d6 (z—8i)(z+8) la s6 thuén 4o khi va chi khi x” + y* +8x+8y =0,

Khi d6 quy tich cua M 1a duong tron tim 7 (—4;—4) va ban kinh

R=1J(~4) +(~4) —0 =42

Cau 45: Biét s6 phitc z thda man |z —1| <1vdz—z ¢ phan 4o khong 4m. Phan mit phang biéu

dién s6 phuc z c6 dién tich la:

A. 27 . B. 7°. C.

N[N
=
N

Loi gidi

FB tac gia: Huynh Trong Nghia

bat z:x+yi,(x,yeR):>E:x—yi khi d6 ta co:



Cau 46:

Cau 47:

21| <1 |(x+yi)-1|<1.

e |(x-1)+y]<ie (x-1)+y <1 (1).

z—z=(x+yi)—(x—yi)=2yi c6 phan do khong amsuyra y>0 (2).

Tir va ta suy ra phan mit phing biéu dién s6 phtrc z 1a nira hinh tron tam 7(1;0) ban

B

kinh » =1, dién tich cta n6 bang %-m’z =7

Trong cac so phuc z thda man (z +iz —4) la s6 thuan 4o. SO phirc z c6 modun nho nhat
la

A . z=2+72i. B. z=-1+1. C.z=-2+42i. D. z=3+2i.
Loi giai

FB tdc gii: Péng Quang Phiic

Goi z=a+bi (a, beR).Khid6 z+iZ—4:a+bi+i(a—bi)—4=a+b—4+(a+b)i.

Vi (z+iz-4) lasd thudn donén a+b-4=0<b=4-a.
Khi d6: 2| =Va? +b> =yJa® +(4—a)’ =v2a* —8a+16 =2(a—2)" +8>2V2.

, a
Dang thtrc xay ra < {

=2

b=2

Vay z=2+2i.

Cho sb phuc z thoa min ‘2—3+3i‘=2,sé phuc w théa man |w+2—i| =1. Tim gia tri nho
nhét cua |w—z|.

A \21-3. B. V29 +3. C.29-3. D. V21+3.

Loi giai

FB tdc gii: Péng Quang Phiic



Cau 48:

Goi M(x;y) biéu dién sb phuc z=x+yi,(x,ye]R).
Taco: [z-3+3] =2 < |r—yi-3+3]=2 < (x-3) +(y-3)" =4.
Suy ra M thudc dudng tron (C,) ¢ tam /,(3;3), ban kinh R, =2.

Goi N biéu dién s phic w thi N thude dudng tron (C,) cé tam 1, (-2;1), ban kinh
R =1.

|w—z|=MN.
Gi4 tri nho nhat cua |w— z| chinh 1a gia tri nho nhét cua doan MN .
Ta co ]TI; =(-5-2)=>11,= V29 > R +R,=3=(C,) va (C,) ¢ ngoai nhau.

Do dé: MN,. =11,—R —R, =~/29-3.

Cho hai s6 phirc z,w thod |z|=L|w|=4 va zw+w.z+8=0.Goi M,m lan luot la gia tri
16n nhat, gia tri nhé nhat ctia P =|--———|. Khi d6 m—7M bing
w+3i
A. 1. B. 1. C.2. D. 2.
Loi gidi

FB tdc gid: Nguyén Minh
Goi z=x,+yi,w=ux,+,i (X3%,;),;5, €R) va 4, B lan luot bicu dién z va w.

Taco |z| =04 =1

w|:OB=4



Lic d6 zw+w.z+8=0< (x,+ 20) (x, = o)+ (3, = 3,0) (X, + y,0) =8

S XX, VY, =4 OA.OB =4 < OA.OB.COS(EZEE) =—
= 005(5;1.55) =—1= AOB =180

— 0A4,0B nguoc hudng nhau va OB =—-4.04

Luc nay ta dat lai A(x;y), B(—4x;—4y) lan luot 1a 2 diém bicu dién z,w
Ta co |Z|=l:>x2+y2:l:>x2:1—y220<:>—13yﬁl

Licds P=| 271 i L \/ ]

_|w+31|_‘—4x 4y 3 ‘ 16x* + 4y 3)

\/ 1-y° +(y—1)2 _ | 2y-2 - /(»)

16(1—y2)+(4y—3)2 24y-25

-2
, - 24y -2
Xéthamso f(y)= ;‘i_is,ye[—l;l]:f’( )= 2( yzy_Sz) <0,Vye(-11)
24y-25

Taco M =P, —f(—1)=% va m=P, =f(1)=0

Vay m—TM =-2.
Chu 49: Xétcac sO phic z, w thoaman |z—2w|=4 va [3z+w|=

Khi |5z —3w+i| dat gid tri nho nhét, hay tinh gid trj |z —w+1].
ey 2. p Y70

Loi gidi

FB tac gia: Ngo Vin Todn

Taco: |z—2w =4 =[2z—4w|=2|z-2un|=



=2z-4
Pat {” T i {'”' = fu+ |2 Ju - | =J8-5)=3 (1).
v=3z+w | |

Dau "="xayra < u=kv véi k, <0.

Lai co: ‘(u+v)+i‘2”u+v|—|i” (2)

Dau "="xayra < u+v=k,i voi k, <0.

Do dé: [u+v+i|>[3-1|=2 hay [5z-3w+i|>2 (3)

Déu "=" xay ra dong thi & (1) a(z)@{”:klv
u"=" xay v )
u+v=rk,i
8 8
|k 8= 5|k . __8
Suy ra: {|“| e[ [ .Q{ s Jkl=5 )k 5
pv=leld - B=lkl k=3 (k=23
, w=_2, u=-8i [2z—4w=-8i
Nhu vay, dau "=" xdy ra & (3)<:> 5 & _s = 3 _s;
Utv=_3i V=)Dl Z+w=2Jl
6i
z=—
17i
w=—
7

Khi do: z— w+1—1——:>|z w+1|_\/12T \/ 121 _ 170 \/1770

Vay khi |52 3w+z| dat gia tri nho nhat thi gi tri |z w—|—1| —T.
Céu50: Cho sé phic z thoa man |2*+6iz|=16. Tim gid tri lén nhit cia biéu thic
P=|(3+4i)z-12+9i|

A. 50.

I

25. C.5. D. 20.
Loi gidi

FB tdc gid: Nguyén Vin Hoa

Goi z=x+yi (x,ye]R)
Taco P=|(3+4i)z—12+9i|=|(3+4i)(z+3i)| = [3+4i||z +3]
< P=5z+3i|

& P? =25(|z+31))" = 25|(z+3i)’| = 25

(22 +6iz)—9‘



<:>P2SZS(‘22+61'Z‘+9)=25~25<:>PS25.

L 22+6iZ=9kkhi(k£0) 16
Dau bang xay ra > k=——.
2% +6iz| =16 9

Khi d6 z*> +6iz=-16 < x* —y2 —6y+(2xy+6x)i=—16

., x=0
{x -y —6y=-16
= s<ly=-3

2 +3)=0
x(y ) x2_y2_6y=_16

2
Voi x=0= {y g Vi y=-3 khong c6 gia tri x thoa man.

Vay ¢6 hai s6 phtic z = 2/ hodc z=-8i.



