Cau l:

Cau 2:

PAP AN CHI TIET

Cho hinh chép S.ABC c6éday ABC latam giac vudngtai A, AB=a, AC = a3 . Tam giac SBC
déu va nam trong mat phing vudng voi day. Tinh khoang cach d tir B dén mit phing (SAC ) .

a@ 2a\/@ a\/§

A.d= . B. d=a. C.d= D. d= .

13 13 2
Loi giai

Chgn C

Goi H la trung diém cta BC, suy ra SH L BC = SH 1 (A4BC).
Goi K 1a trung diém AC, suyra HK 1 AC.
Ké HE | SK (E € SK).

SHHK _ 2a\[39
Jsu?vHK: 13
Cho hinh chép S.ABC c6 day la tam giac vuong can tai 4, AB =2a; SA=SB =SC. Gbc giita
duong thiang SA va mit phing (ABC ) bang 60°. Tinh theo a khoang cach tir diém S dén duong
thing BC 1a

Khi d6 d[ B,(SAC)]=2d[ H,(SAC)] =2HE =2.

A. a«/z. B. a\/g. C. #. D. ?.
Loi giai
Chon B
S
« B
P



Tacovi SA SB SC nén = S nam trén duong thang di qua tim duong tron ngoai tiép day va
vuodng goc véi ddy. Ma AABC vudng cantai 4 nén tdm duong tron ngoai tiép day 1a trung diém
H clia BC. Vay S nam trén duong thing di qua H vuéng goc véi (ABC).

Ma géc gitta duong thing S4 va (4BC) 1a 60° = SAH = 60"

AABC vubdng cantai A c6 AB=2a= BC= 2a\2.Ma H l1a trung diém cua BC

:AH:%BC:a\E

Xét tam giac vudng SHA ta co: SH = AH .tan60° = a6
Vay khoang céch tir S dén duong thing BC 1a a6 .

Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh bang 1. Tam gidc SAB déu va nim
trong mit phing vudng géc voi day (ABCD). Tinh khoang cach d tir 4 dén (SCD).

B.d=+2. 23 21

A.dzl. C.d=T. D.d:—.

Loi giai

Chon D

Goi H la trung diém AB, suyra SH L AB. Do d6 SH L (ABCD).
Do AH ||CD nén d[ 4,(SCD)]=d[ H,(SCD)].
Goi E 1a trung diém CD; K 13 hinh chiéu vudng goc ciia H trén SE .

. SH.HE f
Khi d6 d| H,(SCD)] = HK = ———e
[ ( ] VSH? + HE? 7

21
Vay d|[ 4,(SCD)|=HK = g
Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh vuéng canh 2a, tam O, S4 1L (ABCD),S4=2a

.Goi I 1atrung diém cua SC va M 1a trung diém cua doan AB . Tinh khoang cach tir diém 7/ dén
duong thing CM .

A. “f. B.M “m. D.#.

. C.
17 5
Loi giai
Chon C



Cau 5:

Do 10 L (ABCD) nén néu dung OK L CM (K € CM) thi

2
Ttcla d (I, CM)=IK ma IK =OI + OK> =,/%+0K2

2
250 — % Suyra IK = ,|d* 4o ay30 .

MC J5 5 5

Cho hinh chép S.ABCD c¢b6 ABCD la hinh vudng canh a,SA vudng goc vi mat phang (ABCD)

va SA=a. Goi E 1a trung diém ctia canh CD. Tinh theo a khoang cach tir diém S dén duong
thang BE:

A 05 35 24V p, 4¥5
LS . =

B. . C.
5 5 5

Loi giai

Chon B

SA 1 (ABCD), trong mit phang (ABCD) néudung AH L BE tai H thi SH L BE (dinhly 3
duong vudng goc). Tuc 1a khoang cach tir diém S dén duong thang BE bang doan SH.

1 1 1 2
Ta c6: Sy upp = ABFE=—a.a =%=EAH.BE ma BE =\BC? + CE? = |’ +% =$

2
a”  2a

= AH =— =—, ma ASAH vuong tai A, nén:
BE 5 8
2
SH =~SA* + AH?* = a2+4i=3_“=3“*5
5 5 05
3ax/§

Vay d(S, BE)=

5



Ciu 6:  Cho hinh chop déu S.ABCD ¢ tat ca cac canh bang a . Goi M, N lan luogt 13 trung diém cac canh
SA va SC; P 1a diém trén canh SD sao cho SP=2PD . Tinh khoang cach tu diém D dén mat
phing (MNP).

A. "@. B. ‘“/ﬁ. C. Za\/ﬁ. D. ‘“E.
34 34 41 16
Loi giai
Chon A

1 1 SM SN SP 1

Tacod V, =— == =—V .
DMNP = VS MNP =T e e ey U s.Aeh T 5V sAco

Goi O 1a tam cua hinh vudéng 4ABCD.

1 2 2a° 2
Suyra OAd=—AC =222 = S0 =547 — 40 = az_izi‘
2 2 4 2
. 1 1av2 1, a2 NG
Khi d6 Vy ,op = =SOSsep == ———a* =—= =V} ,pup = ——.
S.ACD 3 ASCD 3 7 7 12 D.MNP 144
1 a\/i

Do MN la duong trung binh ctia tam giac SAC nén MN = EAC = -

2
Tam gidc SAD va SCD déu canh a nén PM?* = PN* = SM? + SP? —2SM .SP.cos60° = 1§Z )

Do tam gidc MNP cantai P nén goi H 1a trung diém MN thi PH 1 MN .

MNz_\/13a2 @ a34

Suy ra PH = \/PMz - =

4 36 8 12
3.4V
Vay d(D,(MNP)) _ 3V p.anp _ 144 _ a34 ‘
Syvp 1 a\/3_4 Cl\/z 34
2012 T2

Céu7:  Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh a. Biét SA L (ABCD) va SA=2a.
Goi O 1a tAm hinh vuéng ABCD . Tinh khoang cach tir diém O dén SC .

N a2 a2 af
. 4 . 3 . .T‘

B. C. 2 .
4

Loi giai
Chon D



Ta c6 ABCD 1a hinh vudng canh a nén AC = a2 .

Do O latam cia hinh vuéng 4BCD nén d(O,SC)z%d(A,SC).

Trong tam giac SAC vuong tai 4 ha AH L SC.

Suy ra d(A,SC) = AH - SAAC  _ 2aa\2 :2a\/§.
NSA2+ACT Nadt+282 3
a3

Viy d(O,SC)zéd(A,SC)zT.

Cau 8: Cho hinh chop S.ABC c6 day ABC latam giac vuongtai 4, AC = Cl\/g, ABC =60". Goi M 1a

trung diém cta BC . Biét SA =SB =SM = 2"3‘/5 . Tinh khoang cach d tirdinh S dén (ABC)
A.d:zaf. B.d=a. C.d=2a. D.d=a3.
Loi gidi

Vi A4BC vuédng tai A, M 1a trung diém ciia BC va ABC =60" suy ra AABM déu.

2a\/§

3

S4=SB=SM = . Suy ra, hinh chép S.4BM déu.

Xét AABC: sin60°=£:£=&:BC=2a:AM=AB=BM=a.
BC 2 BC




Cau 9:

Goi H 1a trong tim AABC nén H la chan duong cao ké tir § xudng (ABC).

2 a\/_ ax/_

AABC déu canh ¢ nén MH = 3MN_§ - :T (v6i N latrung diém 4B).

, \/5 2 \/g 2
Xét ASHM vuong tai H: d(S,(ABC))=SH =\SM?* - MH? \/( a J _(a_J -

3 3

Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat véi AD =2AB =2a . Canh bén S4 =2a
va vudng goc véi day. Goi M, N lan luot 1a trung diém cua SB va SD . Tinh khoang cach d tir

S dén mit phang (AMN).

A.dz#. B. d = 2a. c.dz%“. D. d = a5.

Chon A

: . 1 2a°
Thé tich khSi chop Vs.upp = Sauan-54 = ;’
Vi § = lS nén V, = lV = a_3
ASMN = 4 OASBD asmy =V asep =7
Ta co AM, AN la cac dudng trung tuyén trong tam giac vudng, MN 1a dudng trung binh nén
tinh duge AM = [ AN = a2, MN =22 “I
2
6 R4 6
Tir dé tinh duge S,y = — V6 Vay d[S, AMN)] Wy _ a6
4 S 3

24°

Cau 10: Cho hinh chép déu S.ABCD thé tich Vg, zp = BN AC = 2a (tham khao hinh bén). Tinh khoang

cach tir diém A4 dén mit phing (SCD) .




Cau 11:

Chon C

Goi O=ACNBD, H latrung diém CD. Trong (SOH),ké OI L SH .

_ [cDLso
(0]
CD 1 SH

Ma OI L SH nén OI L(SCD) = d(0,(SCD))=0I.

= CD L(SOH)=CD LOI.

2
C6 AD = ACsind5° = a2 = S = (a2 =24"

3 3
Ta c6: Vypep = 2% N %.SOQaZ = 2% & S0=a.
: 250.0H
Vi O 1a trung diém AC nén d (4,(SCD))=2d(0,(SCD)) =201 = =222

V2 243

Mi AD = ACsin45° = a2 = OH sa— = d(A,(SCD)):T3a :

Cho hinh chép S.ABCD c6 day ABCD 1a hinh vuéng canh 2a, S4 L (ABCD), gbc gilra duong
thang SC va mit phang (ABCD) bang 60°. Khoang cach tir B dén mit phang (SCD) béng

NG B. YO c. W p, 206
3 4 2 3
Loi giai
Chon D

Ta c6 S4 L (4BCD) nén (SC,(BCD))=(SC,AC) = SCA = 60°.



Cau 12:

Khi d6 AC =2a~2 = S4= AC.tan 60° = 2a6 .
Ma AB//CD = AB//(SCD)=> d(B,(SCD))=d(4,(SCD)).
Ké¢ AH L SD = AH 1(SCD)
_s44D _

SA* + AD*

2a22a 26

\/(2(1\/5)2 +(2a)2 3
Cho hinh chép S.4BCD c6 day ABCD 14 hinh thoi canh o . Tam gidc ABC 1a tam giac déu, hinh
chiéu vudng goc cua dinh S 1én mit phang (ABCD) tring vai trong tdm tam gidc ABC . Goc gitta

Khi d6 d(B,(SCD))=d(A,(SCD))=AH =

= d(B,(SCD)) =

dudng thing SD va mit phing (ABCD) bang 30°. Tinh khoang cach tir diém B dén mit phing
(SCD) theo a

2a\/i ax/i

A. a. B. . C. a\3. D. .

3 7
Loi giai

Chon D
Goi O 1a tdm hinh thoi 4BCD va E 1a trong tam cua tam gidc ABC .
{SD N(ABCD)=D

~ =(sD.(4BCD))=(sD.ED) = SDE = 30°
SE L (ABCD) taii E

BDzzBoza\E:DE:%BD:aﬁ
Do tam giac ABC déu nén f 3 3
CEzzBO:a—3
3 3

Khi d6 tanSDO = L — s =24
DE 3

Vi tam gidc 4BC déunén CE L AB= CE L CD ma CD 1 SE nén CD 1 (SEC)
Ké EH | SC(H e SC) khid6 EH L (SCD) tai H nén d(E,(SCD))=EH

1 1 1 1 1 221

= + 2:EHza
21

EH?  SE? | EC? (zajz (ﬁ]

3 3



Cau 13:

Cau 14:

d(B,(SCD)) BD 3
d(E,(SCD)) ED 2

3

Do BEN(SCD)=D nén :d(B,(SCD))=§d(E,(SCD))=a

i
al

Cho hinh chép déu S.ABCD c6 canh day bang 2a , canh bén bang 3a . Khoang cach tir diém 4 dén
mit phang (SCD) bang

A. a\/ﬁ. D. a\/ﬁ.
3 2
Chon D

Goi O=ACNDB.
Vi S.4BCD la hinh chép déunén SO L (ABCD)va ddy ABCD la hinh vudng.

o d(a(seD)_ac_

' (o.(5cD)) 0C = d(A,(SCD))=2d(0,(SCD)).

Tam gidc AACD vudng tai D c6: AC =+ AD* +CD?* =2a\2 = 0D =0C=a2.
Tam gidc ASCO vuédng tai O co: SO =+/SC* —0C? = a7 .

Do SO,0C,OD db6i mot wvuéng géc nén  goi  h=d(O,(SCD))  thi
11 1 1 8 a14
Pl iy i b S .
W 0S* oD* 0C* Ta 4
a14

Vay khoang cach tir 4 dén mdt phang (SCD) bang S

Cho khéi hop chit nhat ABCD.A'B'C'D' ¢6 day 1a hinh vuéng, BD = 2a, goc giita hai mat phing
(A'BD) va (ABCD) bang 30°. Khoang cach tir A dén mit phing (A 'BD) bang

A. 2“\/5. B. <. c. w4 p. £.
13 4 7 2
Loi giai
Chon D
A’ B'
' ‘!{ : \\ \\‘\ Cl
D lt i ,)"\H \\\\
’4“ /*:774\\ 77777777 ::7} B
rl,/// :i;\:,f'_/
i L




Cau 15:

Cau 16:

Goi O 1a giao diém cua AC va BD.
Ta c6 {BD + AO, = BD 1 (A0A')= A0 L BD.
L A4
Khi d6 ((4'BD),(ABCD))=(A'0,40)= A4'04=30°.
V& AH L A0 tai H.
Tacd BD L(AOA )= (A'BD) L (A04').
(A04") L(A'BD)
Khi d6 {(404)N(A'BD)=A4'0 = AH L(A'BD)=>d(A,(ABD))=AH .
Trong (A0A'): AH L A'O

AC=BD=2a=> AO=a, AH = AO.sin AOA' = a.sin30° =%.
Vay d(A,(A’BD))z%.

Cho hinh lang tru ding ABC.A'B'C’ ¢6 day ABC la tam giac vuong tai B, AB=a, AA'=2a
. Tinh theo a khodng cach tir diéem 4 dén mit phing (4'BC).

A. “\/g. B. 2“*/5. C. 2"*/3. p. 43
3 5 5 3
Loi giai
Chgn C
Al - o
K
A ————— c

Trong tam giac ABA" dung AK L A'B.
Do ABC latam giac vudng tai B nén BC L BA,
Lang try ding ABC.A'B'C' nén A'4 L BC,do d6 BC 1 (ABA') = BC 1L AK .

Tirdé suy ra AK L(A'BC)=>d(A,(A'BC))=AK .
1 1 1 2a

AA'AB : s=—7>+ > = AK =—
AK AB A'A

NG
J6

Cho hinh lang tru tam giac ABC.A'B'C’ ¢ day la tam gidc déu canh @, canhbén 44’ = aT . Hinh

chiéu vuéng goc ciia A’ 1én mit phing (4BC) 1a trong thm G cua tam giac ABC . Goi P,Q,N
1an luot 1a trung diém ciia 4B,CC’ va A'G . Khoang cach tir N dén mit phing (PQC ) la



Ay B, V3 c. o7 p. ¢
12 6 14 2
Loi giai
Chgn C

Goi M la trung diém coa BC . Dung KG//AA' ma CC'//AA" nén suy ra
(POC))=d(N,(PKC)).

AK _ 4G _, _ d(4.(PKC)) 4K

MK GM "~ d(M,(PKC)) MK

Dung A'G//KH ma A'G L(ABC) nén KH 1 (ABC).
d(M,(PKC)) MG AM
d(H,(PKc)) HG AK

Vay d(N,(PKC))= %.2.%d(H,(PKC)) = %d(H,(PKC)).

=2=d(4,(PKC))=2d(M,(PKC)).

3

Ta c6 Ed(H,(PKc)).

% = d(M,(PKC))=

Dung HI 1L PC va MJ L PC.

2 2 a\f a\/§

Ta cé AG——AM—— —:—.

2 2
Cé A'G=~A44? — AG? = %_%z_

Tam gidge A'GM c6 AG/ KH nén S - MK _ yp— g MK “‘6.1: "ﬁ.
AG MA M4 3 3 9
Tam giac MGC vuong tai M va MJ L MC = 12= 12+ 12:>MJ=la.
MJ- MG® MC 4
Lai co ﬂz HG 2 HI—

MJ] MG 3 6



1 1 1
T2t 2
d(H,(PKC)) HI" KH

d(N,(PKC)):%d(H,(PKC))

_alT

21

= d(H,(PKC))

_aVT

14

Cau 17: Cho hinh chép S.ABCD c6 day hinh vudng canh a. Méat bén S4B la tam giac vuong can tai S va
ndm trong mit phing vuéng goc voi day. Goi H 1a trung diém AB. Khoang cach tir H dén mat phing

(SAC) bang
AL B. &2, L2 D. <.
3 6
Chgn C
B c
Tam gidc SAB vudng cantai S, H 1a trung diém ciia AB nén SH L 4B .
(S4B) L(ABCD)

Ta c6 {(S4B)N(ABCD)= AB = SH 1 (ABCD).

SH = (SAB),SH 1 AB
Tu H dung HM 1 AC tai M ,tt H dung HK 1 SM tai K .Taco
{ACJ_HM

= AC L (SHM )= AC L HK .
AC L SH (SH 1 (A4BCD))

... |HK L SM ) .
Khi d6 o= HK L(SAC) tai K nén d(H,(SAC))=HK .
Ta co . Ap dung hé thtrc lugng trong tam giac vuong SHM . Ta ¢
BD a\2
HM =— =
4 4
12= 12+ 1 5 << 12=iz+%<:>HK=&.
HK- SH® HM HK® a° a 6
a3

Vay d(H,(SAC)) -

23

Céu 18: Cho hinh chép tam gidc déu S.4ABC c6 canh day bang a va SA = 4 Tinh khoang céach tir diém

A dén mit phing (SBC)



Cau 19:

J13 2413 NES 313
. TR

A, —a. B a. D. —a.
13 13 13
Loi gidi
S
A C
[}
M
B
Goi M latrung diém BC, O la trong tam tam giac ABC = SO L (ABC)
OM 1 BC
Ta c6 = (SOM) L BC
SO 1L BC

Trong (SOM ) ké OH L SM (H € SM) ma OH L BC do BC L (SOM )
= OH 1 (SBC)= d(0,(SBC))=0H .

Tacd AO =2AM =2.£a :ﬁa;OM =1AO= ﬁa
3 3 2 3 2 6
Ap dung dinh ly Pytago trong tam giac vudéng SAO

SO =S4 — AO? _\/(&ajz —(ﬁajz =a
3 3

Ap dung hé thire luong trong tam giac vuéng SOM cbd

3
1 1 1 OM a-—a 1
= ——+——=O0H 500 - 6 - i3
OH?> SO* OM

= a
Jso? + oum? J 2 [ﬁ Jz 13
a + ?a

d(A4,(SBC))  am
d(0,(SBC)) oM

313

13

Ta co

=3=d(4,(SBC))=3.d(0,(SBC))=3.0H =——a.

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thang vuong tai 4 va D ;

b

AB=2a, AD=DC =a, canh bén SA = a2 va vudng géc vol (ABCD) . Khoang céch tir diém
C dén mit phang (SBD) bang?

A.M. B M C.ﬁ. 2"‘/7.
5

. D.
5 7 7

Loi giai
Chon B



D

1 V.
Tacod Sypep = ESAABD = Vs ascp = Vspep = d(C;(SBD)) = —;ABCD :
ASBD

. 1 a+2a)a 24°
Ma VS.ABCnga\/E( 2) -5

SD = .|a* +(a\/§)2 = a\/g;SB = \/(Za)2 +(a\/§)2 = a\/g;BD =.a* +(2a)2 za\/g

2 2 2
Suy ra, cosBSD = 5B +SD” — BD = 2 = sin BSD = ﬂ
2.SB.SD 32 3
2
Tir o, Syqpp = %SB.SD.sin BSD=2 ;/ﬁ .
ﬁa3 2 aﬁ
Vay d(B;(SBD)) = . =0

Céu 20: Cho hinh lang try dimg ABCD.A'B'C'D’ ¢6 day 1a hinh thoi canh a, BAC = 60°. Khoang cach tur
diém C dén mat phang (ABB'A') béng

a3
A. 2a. B.T. C.a\3. D. a.
Loi giai
B a C
¥il :
A 60(} :
1 D
I
1
1
1
1
1
I
PR Yo
// B’
A )
D

Vi ABCD 12 hinh thoi vd BAC = 60° nén tam giac 4BC 1a tam giac déu.
Goi H 1atrung diém ctia 4B .Khido CH L AB .

] {CH 1 4B
Ta co

,=CH 1 (A4BB'A').
CH 1 BB



Do d6 d(C;(ABB'A’))=CH.
. 3 3
Vi A4ABC la tam giac déunén CH = % .
Ciu21: Cho lingtry ABC.A'B'C’ ¢6 ABC latam giac vudng cén tai 4 . Hinh chiéu vudng goc ctia A’ 1én
mat day trang véi trung diém cia canh BC . Biét canh A4’ = a+/3 va tao voi mat day cia hinh ling

try mot goc 60°. Khodng céch tir dinh C' dén mit (A4'BC) bang

A2 . Y34 c. & D. 2%
4 2 2 3
Loi gidi
Chon B

Goi H 1a trung diém ctia canh BC. Vi A'H L (ABC) nén AH la hinh chiéu cia A4’ 1én mat
phang (A4BC). Khi d6 géc gitta A4’ va mit phang (ABC) la goc gitta 44" va AH , hay chinh
la goc A'AH .

Vi A'H 1 (ABC) nén A'H 1 AH hay tam gidc A4'H vudng tai H .

a\3

. AH
Khi o cos d'dH === AH = Ad'cos A'AH = af3.cos60° = -
Goi H' 1a trung diém cua canh B'C’.
Tam giac A'B'C’ vuong cantai A" nén A'H' L B'C".
A'H L(ABC)= A'H L(AB'C')= A'H L AH'.
AH' 1 BC'
AH' 1 AH
AHNBC={H}
A'H,BC c(A4'BC)

Ta co = A'H' L (A'BC).

Vi BC||B'C', BC = (A4'BC) nén B'C'||(A'BC).
a3

Suy ra d(C';(4'BC))=d(B'C';(4BC))=d(H';(A'BC))=AH' = AH = -~

Cau 22: Cho lang try tam giac déu ABC.A'B'C’ ¢ canh day bang 4a . Goc giita hai mét phing (A'BC) va



Cau 23:

(ABC) bing 30°. Goi M la trung diém cuia canh AB . Tinh khoang céch tir diém M dén mit
phang (A4'BC)?

A .
A C
A
B
a\/g 3a
A —2 B. 3a. C.a\3. D. —.
2 2
Loi giai
Chon A
A o
N
\
by
Ay
N H
~
N
4 .
Fd
’ B’ \\
g Y
A - : et et _\t __________ C
- \
iy - .
- N
il = _‘_\
1 N
B

Goi N 1a trung diém cua BC.
Do ABC.A'B'C' 1a lang tru tam gidc déu nén BC L AN,AA" va AN =2a+3 . Suy ra

BC L(4AN). Tid6 ta co: ((4'BC),(4BC))= ANA=30".
Goi H 1a hinh chiéu cia 4 tén AN , do BCL(A'AN) nén:
= AH L (A'BC) =d(A4,(A'BC))=AH .

AH 1 AN,BC

Xét tam gidc AHN vuéng tai H cb: AH = ANsin ANA' = a3 . Suy ra d(4,(A'BC))=a3.

» 1 3
Mit khéc, M 1a trung diém cta canh 4B nén d(M,(A'BC))= Ed(A,(A’BC)) = % :
Cho tir dién OABC c6 ba canh O4,0B ,0C d6i mdt vudng goc voi nhau. Biét khoang cach tu
diém O dén cac duong thang BC, CA, AB lanluot1a a, a2, a3 . Tinh khoang cach tir diém
O dén mit phing (ABC ) theo a

ALY c. e D. 2“*@.

11 6 11
Loi gii

A. 2a.

Chon D



N

A
Ké OM 1 AC (M € AC), ON L AB (N € AB), OP 1L BC (P e BC).

Khidétacd OP=a, OM =a2, ON =a /3.
Trong (OCN) ké OH L CN (H €CN) taco:

AB 1 ON
AB 1 OC

{OH 1 AB

= AB 1 (OCN)=> AB 1. OH

= OH 1 (ABC)=d(0,(4BC))=0H
OH L CN

Ap dung hé thire lugng trong tam giac vudng ta co: L1 + L __1 + ! + !
B ‘ " OH* 0C* ON* 04> 0B* ocC?

Lai co:
1 1 1 1 1 1 1 1 1

= + ; = + ; = +
OM? 04> 0C?’ ON* o04* O0B*>’ oP* O0B* oC?

1 1 1 1 1 1
= + + = + +
OM?* ON?* OP? (OAz OB? oczj

:1+1+1_1(1+1+1)
o4*> oB*> oc* 2\om* ON* opP?

:1+1+1_1(1+L+LJ_H
04> OB> 0cC* 2\ 24> 3d* %) 124°

. 12: 112:0H:2a\/§
OH* 12a 11
2

Viy d(0,(4BC)) = “f
Cau 24: Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng, S4 vudng goc voi day, mat bén (SCD)

hop v&i day mot goc 60°, M 1 trung diém cua BC . Biét thé tich cua khdi chop S.ABCD la a3T3

. Khoang cach tir diém M dén mit phang ( SCD) la

A. a3, B. 43 C.&. D.&.

6 2 4
Loi gii

Chon D



Cau 25:

A D

Goi N latrung diém cta canh AD .
Goi canh hinh vuéng ABCD c¢6 d6 dai 1a x,(x > 0).

Ta c6: MN || CD = d(M;(SCD)) =d (N;(SCD)).
Ké NH L SD,AG L SD = d(M;(SCD))=d(N;(SCD))=NH = %AG :

Do S4 vudng goc v6i (ABCD) nén géc gilra mit bén (SCD) va mit ddy 1a goec SDA =60 .
SA

— tan SDA = —— = SA = AD.tan 60° = x+/3.
AD
1 3J3

= Vs apcp :g.xz.x 3=1 ;/_ =>x=a.

Xét ASAD:
L NEUU S DU BN
AG*  AD* SA* &* (a3)

a3 a3
1

AGzT:NHZ

Cho hinh chép S.4BC 6 day ABC la tam giac vudng tai A4
AB=2a, AC =a, SBA=SCA=90", gbc giita S4 va mat phang (ABC) bang 45°. Tinh khoang
cach tir diém C dén mit phing (A4BC).

A.&. . 430 c. W30 D.&.
2 6 2 6
Loi gii
Chon B

Goi H 1a hinh chiéu cua S 1én (4BC).



= AB 1 (SHB) = AB L HB ma AB 1 AC nénsuyra HB//AC(1)

AB 1 SH
AB 1 SB

AC L SH
Mat khac
AC 1L SC

Tu (1),( 2) suy ra ABHC 13 hinh binh hanh ma 4 =90" nén ABHC 1 hinh chir nhat.

= AC L(SHC) = AC L HC ma AC L AB nénsuyra HC//AB(2)

va (SA,(ABC))=SAH =45°,SH = AH = a\5.
HC//(SAB) = d(C;(SAB)) = d(H;(SAB))

Goi K 14 hinh chiéu cia H 1én SB. Ké HK 1 SB
Ma AB L (SHB)= AB L HK

Suy ra HK 1 (SAB).

C;(SA4B) H;(S4B)

1 1 1 1 6

ASHB vubng tai H . Tacd

= + =—t+t—==—.
HK?> SH? HB*> 5d° a° 5d4°

Vay HK =

a~30
P

Cau 26: Cho hinh chop S.ABCD cé6 day ABCD 1a hinh thoi canh 2a, ADC = 60°, S4 L (ABCD) va
SA =A6a , G 1a trong tam tam giac SAC . Khoang cach tir G dén (SCD) 1a

A e g, Y24 c. Y2 p. e
3 2 3 2

Chgn C

Goi M,I lan lugt 1a trung diém CD,SC.
Theo gia thiét ta c6 tam gidc ACD déu. Suyra AM = ——— =
Ké A4H L SM (H e SM ) thi AH 1 (SCD).

Ta c6 GI=%AI nén d(G,(SCD))z%d(A,(SCD))z%AH



Cau 27:

Ciu 28:

1 AMSA 1 Ba6a  2a
3aM? + 547 3 \3d’+6a> 3

Vo
2]

Vay d(G,(SCD))=

Cho hinh chép déu S.ABCD c6 day ABCD 1a hinh vudng canh g, tim O . Goi M la trung diém

AD , tinh khoang céch tir D dén mdt phang (SBM ) biét SO = %a
A. @a. B. Ea. C. Ea. D. Ea.
5 100 5 10

Loi giai

Chon D

Goi N la trung diém canh AB suy ra CN L BM . Dung duodng thing qua O, song song véi CN
cat BM tai P va AN tai K, suyra OP L BM (1).

Tur gia thiét suy ra SO L (4BCD)=> SO L BM (2).
Tir (1),(2) suyra d(O,(SBM))=d(0,SP)=OH (H lahinh chiéu vuéng géc ciia O 1én SP)

3 P M 2
Hai tam gidc ABPK,AMPO dong dang cho ta ro = oM =—
PK KB 3
CN /5 2 245 5
OK 1a duong trung binh ciia AACN nén OK =—=£a =>O0P=-0OK=—.—a=——a
2 4 5 5 4 10
Vo5 5
250.0P 270 %10 J19
Vay d(D,(SBM ))=2d(0,(SBM ))=20H = = =74,
Jso*+oP*  |jos V (s} 1°
—a| +| —a
10 10

Cho hinh chép S.4BCD ¢ ddy ABCD 1a hinh vudng cé chiéucao 4B =a va SA L (ABCD). Goi
M , N lan luot 1a trung diém 4B va CD . Khoang cach giita duong thing MN va mit phing
(SAD) bang:

a2 B. &

A. 2.
2 3

NSRS
w |



Loi giai

Chogn C
S
D
N
B C
MN//AD
i = MN//(SAD)
MN & (S4D)
= d(MN,(S4D))=d(M,(S4D))
MA L AD
Vi { = MA 1 (SAD) = d(M,(SAD)) = M4
MA 1S4
AB a
Vay d(MN,(SAD))=d (M ,(SAD))=MA="—==.
dy d(MN,(SAD)) =d (M.(54D)) >3

Cau29: Cho hinh chép S.ABCD , day ABCD la hinh thang cin c6 gbc & day bang 60°. AB =2CD =2a ,
mit phing (SAB) tao v6i ddy mot goc 45°. Hinh chiéu vudng géc ciia S 1én ddy tring véi giao

diém ctia AC va BD. Tinh Khoang céch tir 4 dén mit phang (SBC).

A. ”‘@ B. ‘“@ c. We D. 2“‘@
6 2 3 3
Loi giai
Chon B

Kéo dai AD va BC cit nhau tai E, ldy I 13 trung diém 4B . Goi H 1a hinh chiéu vudng goc
cua §'lén day, k¢ HK vudng goc vai SC tai K.
Xét tam gidc ABE c6 ABE = BAE = 60° nén ABE la tam giac déu va H 1a tryc tim



AC 1L BC
=< HI L AB

= pe=Lpr=1ag 3 a3
30 372 3

ASHA = ASHB = SA =SB = SI L AB = ((SAB),(4BCD)|= SIH = 45°

sH=1g=3

3
(BC 1 4C . (HK 1SC
Ta co = BC 1 HK , talaico = HK 1 (SBC)
BC 1 SH HK | BC
a3 a3
Suy ra khoing céch tir 1 dén (SBC) 1a HK = —2>HC __ 33 _ a6,
JuS? +HC* (LAY (afB)
[ — + [ —
3 3
. A . ., . R H AB
Tam gidc HAB dong dang véi tam gidc HCDva AB=2CD nén — =—=
HC (D

:a\/g

Vay khoang cach tir 4 dén (SBC) béng 3 lan khoang cach tir H dén (SBC) —

Ciu 30: Cho ling tru déu ABC.A'B'C’ ¢ canh day bang @, mit phing (A'BC) tao v6i ddy mot goc 45°,
M la diém tiy ¥ thudc canh B'C’. Khoang c4c tir diém M dén mit phang (A'BC) béng

A.&. A c.&. D.&.
2 4 2 4
Loi gidi
Chon B
A’ C’
M|
\\b:\ »
R
0

Vi ABC.A'B'C' 1a lang try tam giac déu nén 1a lang try ding c6 day ABC 1a tam giac déu.
Tacoé B'C'||(A'BC) nén d(M,(4'BC))=d(B',(4'BC)).

Ma 4B'~(A'BC)=0 véi O latrung diém 4B nén d(B',(A'BC))=d(A4,(4'BC)).

Goi H 14 hinh chiéu cia 4 1én BC, I 1a hinh chiéu cia 4 lén A'H , ta ching minh dugc
Al L (A'BC), suyra d(4,(A'BC))=AI.



Ciéu 31:

Ciau 32:

Ma ((A'BC),(ABC)) = A'HA = 45° nén tam gidc A'AH vuodng can tai 4, do d6

A’H:AHI:%-I:%.

a/6
Mat khac, Al la duong cao cua tam gidc A'AH nén Al = A2H = g = a;/g .

Cho lang tru tir gisc déu ABCD.A'B'C'D’ ¢6 canh dy bang 2a, B'D =3a . Khoang cach tir diém
C' dén mit phing (A'BC) bang

A.2“*/§. B. L2 c. Wb D. a\5.
5 5 5
Loi giai
Chon A
4’ D
B C
M A
:}:’ ,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,, i
B/ e \C

Vi ABCD.A'B'C'D' 1 lang tru t gidc déu nén la lang try dimg c6 day 1a hinh vudng canh 2a,
suy ra BD = 2a2 .

Mi B'D =3a= B'B=+B'D* - BD* =\94> 84> =a.

Tacd AC'N(A'BC)=0 (v6i O la trung diém cua AC").

Suy ra d(C",(4'BC))=d(4,(4'BC)).

Goi H 1a hinh chiéu cia 4 1én 4'B, ta ching minh duoc AH L (A'BC).

Suyra AH =d(4,(4'BC)).

Tam giac A'AB vuodng tai A va cdé AH la dudng cao nén

o A4 AB __ a-2a :2a\/§.

VAR + B Ja* +(2a) 5

Cho hinh lap phuong ABCD.EFGH canh 4a. Goi M,N lan luot 1a trung diém cua FG,GH .
Khoang cach tir D dén mit phiang (CMN ) bing

A. Ea. B.g. C. ﬂa. D. za.
4 3 3 3
A B
D 5 (o}
T o L
// Ik M




Cau 33:

Loi giai

Chon C
Trong mit phang (CDHG) g0i K=CN DG suyra K € DG,K € (CMN) (1)
X 3 DK D
D¢ thay hai tam giac AKCD va AKNG dong dang = — = D =2 (2) .
GK NG

Tir (1) va (2) suyra d(D,(CMN))=2d(G,(CMN)).
Goi / 1a trung diém MN = GI L MN = MN 1 (ICG).
(ICG)n(CMN)=IC

VI < (ChN) = (ICG) L (CMN)

Ngoai ra ta con co {
Trong mit phing (/CG) goi O 1a hinh chiéu vuéng géc cia G trén IC = d(G,(CMN)) =GO
Hinh chop G.MNC c6 cac cap canh GM ,GN,GC d6i mot vudng goc nén ta co:
1 1 1 1 1 1 1 9 2
2= Tt oSt o=t gt 5 =5=>00="a
GO° GM~ GN° GC° a a 4a 4a 3

Vay d(D,(CMN))=2d(G.(CMN))= §a.

Cho hinh chop S.ABC c6 day ABC la tam giac déu, trong tdim G , SA=2a,AB=4\/§a ,
SA L (ABC).Goi M,N,P lan lugt 14 trung diém cac canh 4B, BC,CS . Khodng cach tir G dén
mit phing (MNP) bang

A, 310 p, V10 ¢, 310 p, &0,
20 10 10 20
S

Loi giai

Chon C
Trong mit phéng (ABC ) dudng thing qua 4 va vudng goc véi MN cat MN tai R .

Goi O 1a trung diém ctia S4 = PQ song song véi MN = Q e (MNP)
Ta chimg minh dugc MN L (RAQ) = (PMN) L(RAQ) .
Trong mit phing (RAQ) goi H la hinh chiéu vuong goc cia 4 trén RQ thi AH = d(A4,(MNP))

Do A€ AC,R e MN ma MN song song vdi AC nén

4\/§a.\/§ _

4

AR=d(MN,AC)=%d(B,AC)= 3a



Xét tam gidc RAQ vuodng tai 4, duong cao AH co:

p - AQAR _ ada _ 3Jﬁa_
JAQ* + AR [ +(3a) 10
Vay d(G,(MNP)) :%d(A,(MNP)) - “IJ(I)_O.

Céiu 34: Cho hinh lang tru dimg ABC.DEF ¢6 tit ca cic canh bang «. Goi G 1a trong tm cua tam gidc
AEF . Khoang céch tir 4 dén mit phang (GBC) bang

A. Ea. B. @a. C. ﬂa. D. @a.
19 19 19 19
A C
\ N
B JH
\\‘C::\\
DX F

Loi giai
Chon C
Goi M, N lan luot 14 trung diém ctia EF,BC . Hai mit phing (AGN) va (GBC) cé:
(AGN)N(GBC)=GN
=< BC c(GBC), BC L AN,BC 1. GN = (AGN) L (GBC)
AN,GN<(AGN),AN "GN =N

Trong mp(AGN ), goi H 1a hinh chiéu vuéng géc ctia 4 trén GN suy ra d (A,(GBC))= AH .

2
AN:—“ﬁ,AM: AD? + DM? = |a? 4| 93 =“ﬁ,
2 2 2
a3
AG:gAM:%.M:M,cosGAN:A—N: 2 :\ﬁ
3 372 3 AM a7 N7
2

2 2
GN =+ AG? + AN? =2 AG.AN.cos GAN =\/[¥J {#J —2.M a3 3 :Ea

3 2°N\N7 6

2.—"—a
Vay d(A4,(GBC))=4H = 2845 _ _ 2\/561‘

3
6

GN @ 19
6




Ciu 35:

Ciu 36:

Cho hinh chép S.ABCD c6 day 1a hinh vudng canh bang a, S4 vudng goéc v6i mit phing
(ABCD). Biét goc gitta SC va mit phang (4ABCD) bang 60°. Tinh khoang cach 4 tir AB dén

mit phang (S CD) .

A. “m. B. a\/2. C.a. D. a‘/ﬁ.
5 7
Loi giai
Chon D

CD 1 AD , .
i { =CD 1 (SAD) = (SCD) L (SAD) theo giao tuyén SD, dung

Y ep Ls4
AH 1 SD,ma AH e(SAD)= AH 1 (SCD)

Ta cé AB//(SCD) nén h=d(AB,(SCD))=d(4,(SCD))=AH

Theo dé géc gitta SC va mit phang (ABCD) bang 60° nén SCA =60°.

Ta co: tan60° = ﬁ = S54= a\/g
AC

1 1 1 a42

s=—Ht+t———5=>AH =
AH- SA~ AD 7
Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vuéng tai 4 va D, AB=3a,

Va

AD =DC =a.Goi I latrung diém ciia AD , biét hai mat phang (SBI ) va (SCI ) cung vudng goc
vi day va mit phing (SBC ) tao voi day mot goc 60° . Tinh theo a khoang cach tir trung diém
canh SD dén mit phang (SBC )

av'17 a\/g a\/§ a\/G
s B. C. —

D. .

A.

19 ° T 15 20
Loi giai

Chon D




Cau 37:

Ké IK L BC(K e BC)=((SBC);(ABCD))=SKI =60

Goi M = ADABC.Taco M2 _ 1 pyp_2
MA 3 2

5 . IK  Mi 245
Ta co AMIK ddng dang v6i AMBA nén suy ra B4 = = a = \/—

A MB (3a)2+(3aj2 15
2

= IK =

25 . 2445
3a=
15 5
Goi N 1 trung diém cua SD .

Taco d(N,(SBC))= %d(D,(SBC)) = id([,(SBC))

a15

Tir [ ké IH L SK suyra IH =d(1,(SBC))=IK.sin60° = — = d(N.(SBC))=

a5

20

Cho hinh chép S.4BC, mit bén SBC 1a tam gidc déu va nim trong miat phing vudng goc véi

Ja

mit ddy, ASB = ASC =60°,SB =1. Biét khoang cich tir C dén mat phang (SAB) bang 7" (

a,b 1a hai s6 nguyén duong nho hon 10), tinh 2a +b .
A. 2a+b=18. B. 2a+b=15. C.2a+b=8. D. 2a+b=12.
Loi giai

Chon B

Goi H la trung diém ctia BC suy ra SH L (ABC).
Taco d(C;(SAB))=2d(H;(S4B)).
Ké HI 1 AB;HK L SI suyra d(H;(SAB))=HK .

N

Vi ASBC déu, SB=1 suyra SH =7.

DPit SA=x= AB = JSA? + SB? —2.S4.5B.cos ASB = x> —x +1.

Ta lai c6 AASB = AASC = AB= AC = AH 1 BC = AH =\ AB*> — BH* = /xz—x+%.

Ma tam giac SHA vudng tai H nén SA*> = SH* + HA* < x* =%+x2—x+%<:>x=%.



ﬂ'AH J6 _ BH.AH 42
2 - 14

Suyra AB = =—=HI .
2 AB 14
T do ta o6 HK = —SH-AL_ N6
NSH? + HI? 6
J6

Suy ra d(C;(SAB)):T:a=6;b=3:2a+b=15.

Cau 38: Cho hinh chop S.4BC co6 day la tam giac déu canh a va dinh S céch déu cac diém 4, B, C. Biét

S4 = ¥a , tinh khodng céch tir 4 dén mt phang (SBC) bang
A. Ea. B. @a. C. @a. D. @a
13 13 13 13
Loi giai
Chon B
A C
H

B

Goi H 1a trung diém cua BC va G la trong tim AABC = SG L (ABC) va AH 1 BC.

BC 1 SG
Taco: {BC LAH = BC 1 (S4H).
SGNAH =G

Trong (SAH ), ké AK L SH = AK 1 (SBC)=>d(A,(SBC))= AK .

Lai co: AH:%, AGz#, GH:"f.

2 2
ASAG vudng tai G cb: SG =~S4% — AG? \/[2“3*6] —{“*B) —a.

ASGH vudng tai G cb: SH =+/SG* + GH?* =

a3
Ta co: AK.SH = SG.AH = AK = —2_ = W13
a\/ﬁ 13
6

Cau 39: Cho ling try ding ABC.A'B'C’ ¢6 day ABC la tam gidc vudng can tai B ,. Goc giita canh A'B va
mit ddy 1a 60°. Tinh khoang céch tir diém 4 dén mit phang (A'BC).

ax/E a\/g av15 a\/E
s

A. . B. . C. D.
2 4 3




Loi giai
Chon A

60

Géc giita canh A'B va mit day 13 A'BA bing 60°. Suy ra A4’ = AB.tan60° = a+/15
Ké AH vudng goc v6i A'B ta chimg minh dugc AH 1a khoang cach tir diém A4 dén mit phang
(4'BC).

. ' A : A AA'. .
Tam giac A’AB vubdng tai 4 nén AH = AB =4 15.as = a\/g.
JA4?+ AB> 2047 2
Ciu 40: Cho hinh chop S.ABCD cé day 1a hinh thang vuong tai 4 va B; AB=BC=a; AD=2a; SA4
vudng goc v6i mit phang (ABCD), goc giira duong thang SC va mat phiang (ABCD) bang 45°.

Goi M 1a trung diém cta canh 4D . Khoang cach giita hai duong thaing SM va BD la:

A. "ﬁ. B. “@. C. “*/ﬁ. p, W1
11 11 22 2
Loi giai
Chon B

Tac6 (SC,(ABCD))=SCA=45" = S4=AC =a 2

Goi K 1a trung diém cua AB, khi d6 4B song song véi (SMK ).

Do d6 d(BD,SM)=d(BD,(SMK))=d(B,(SMK))=d (A4,(SMK)).

Goi /,J lan luot 1a hinh chiéu vudng goc cua 4 1én MK va SI.

Khi d6 MK L AT, MK L SA= MK L AJ . Do AJ L MK va AJ L SI nén AJ L (SMK) hay
d(A,(AMK))=AJ .

1 1 1 1 1 4 1 11 22
—+—+—=—:>AJ:a

Ta co = + + =
AJ? AM? A7 SA* & & 247 24P 11

Cau41: Cho hinh chép S.4BC c6 day (ABC) thoa man AB =a,AC =2a,BAC =120°; SA vudng gbc



Cau 42:

v6i mit phang (ABC) va SA=a.Goi M 14 trung diém ctia BC, tinh khoang c4ch giita hai duong
thang SB va AM .

A a2 . 43
2 4
Chon A

2
Tacé BC® = AB> + AC? —2ABAC.cos BAC =Ta* = BM? = -%
4

_AB*+4C* BC* 34’

AM? > PR AB* + AM?* = BM?* = ABM vudng tai A
AM 1 AB

Ta ¢6 { AM L SA = AM 1 (SAB). Trong mp(SA4B), ké AH L SB, vy AH la doan vudng
SAN AB

, . 2
goc chung cua AM va SB.Do aSAB vudng can dinh S nén AH :aT.

Cho hinh chép S.4BCD c¢6 day ABCD la hinh vuéng canh bang a, SA L (ABCD), SA= a3 .
Goi M 1a trung diém SD . Tinh khoang cach giira hai duong thing AB va CM .

A 203 B. Y3 c.. p. &3
3 2 4 4
Loi giai
Chon B

B .
Taco AB//CD nén AB// (SCD).
Khi d6 d(A4B,CM )=d(4B,(SCD))=d(4,(SCD)).

) {CD 14D
Taco

= CD L (SAD)= (SCD) L(S4D).
CD 1S4



Trong mit phang (SAD) v& AH L SD tai H.
(S4AD) L (SCD)

Khi d6 {(S4D)N(SCD)=SD = AH 1 (SCD)=>d(4;(SCD))=AH .
Trong(SAD): AH 1 SD

Tacs dff— 544D a\B3a _aﬁ_

JS42 + 4D? \/(Ng)zmz T2

3

Vay d(4B,CM) =“T.

Ciu 43: Cho hinh chép S.4BCD diay ABCD la hinh vudéng tim O, canh bang 4a. Canh bén S4 =2a .
Hinh chiéu vuéng géc cia dinh S trén mit phang (ABCD) 1a trung diém H cta doan 4O . Tinh

khoang cach d giira cac duong thang SD va AB .

A.d=4a. B.d=2a. C.d=3aﬁ. D.d:4a\/ﬁ.
J11 11
Loi giai
Chon B

Goi 7 13 hinh chiéu cia H trén CD= HI L CD . Goi K 13 hinh chiéu cia H trén
SI = HK 1 SI.

CD L HI
Taco
CD L SH (SH L (ABCD))

) {HK 1CD
Taco

= CD L (SHI)= CD L HK .

= HK L (SCD)=>d(H;(SCD))=HK .
HK 18I

Ta co HI:%AD:M; AC=42a= AH =2a .

Xét ASHA c6 SH =~ SA*> — AH* = a 3 .
Xét ASHI ¢ HK =287 _3
SH? + HI> 2

Taco AB//(SCD)=> d(AB;(SCD))=d(4;(SCD))= %d(H;(SCD)) = %HK =2a.

Ciu 44: Cho chop S.ABC c6 day ABC 1a tam giac déu canh 2a, tam gidc SAC vudng can tai S va nim
trong mit phing vudng goc véi day. Tinh khoang cach d gitta SC va AB.



Cau 45:

a\/g aﬁ Za\/i Dd_Za\/%
Pt - . rat vd=—

Do (SAC) L (ABCD),SH 1 AC ( H la trung diém cta AC ) thi SH L (ABCD).

Ké CD i/ AB,(CD = AB), tac6 d(SC,AB)=d(A4B,(SCD))=d(A,(SCD))=2d(H,(SCD)).
Ké HE L DC, ma SH L DC = DC L (SHE), k¢ HK L SE,HK 1 DC(DC L (SHE)) suy ra
HK 1 (SCD) hay d(H,(SCD))=HK .

. ) 1 ) 3
Ta c6 tam gidc SAC vudng cén tai S nén SH =§AC=a, HE=HC.s1n60°:§. Do doé
H.HE N21 2421
HK = 5 = a suyra d(SC,AB)="—a.
VSH? + HE* 7 7

Cho hinh lang try tam giac ABC.A'B'C’ c6 day 1a tam giac déu canh bang a . Hinh chiéu cua diém

A’ trén mat phang (4BC) 1a trong tim G cua tam gidc ABC va dién tich tam gidc 4’AB bing
2

%. Tinh khoang cach giita hai duong thing CC' va AB'.

A. 2424 B.#. C.a\2. D.#.
Li giai
Chon D

B

Chon mit phing (A4A4'B'A) chira AB’ va song song véi CC'.
Khi d6 d(AB',CC')=d(CC',(AAB'B))=d(C,(44'B'B)).
Goi I 1a trung diém ctia AB . Vi tam gidc ABC déunén CI L AB= GI L AB.



= AB L(A'Gl)=>AB 1 A'I.
GI L AB

Gr-ler- ¥
3 6

. {A’G 1 AB
1

2 a2

Vi dién tich tam giac 4'AB bang a? nén %A’I.AB = S Al = %.

2 2
Suyra A'G=NAT —GI* = | 3% —ﬁ.

4 36 6
Trong mit phang (A'Gl) ké GH L A'l (H e Al).
GH 1 A1

'H 1 (AA'B'B AA'B'B)) = GH .
GH L AB (AB L(A'GI)) suyra GH L ( )=d(G.( ))=G

Khi do {

Xét tam gidc A4'GI vudng tai G ¢b
a6 a3
_AGGI ¢ e a2
AT 6

GH.A'l = AGGI = d(G,(A4'B'B))=GH

[NSHRN

Ta lai c6 d(C(AABE)) i =3=d(C,(44'B'B))=3.d(G,(A4'B'B)) =&.
d(G,(44BB)) GI 2

Vay d(A4B,CC)= % .

Cau 46: Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh vudéng tdim O, canh a. Canh bén S4 vudng goc
v6i day, goc SBD=60°. Tinh theo a khoang cach giita hai duong thing 4B va SO .

A 92 g @6 c V3. . 45
2 4 3 5

Chon D

D
Goi M,N lan luot 1a trung diém cua BC,AD . Dung AH L SN
Khi d6 d(AB;SO)=d(AB,(SMN))=d(A,(SMN))= AH
Do tam gidc SBD c¢6 SBD=60°va SB = SDnén SBD la tam giac déu
Suyra SD=BD =a2,dodd SA=+/SD* —AD* =a.
1 1 1

5
= —+—— = AH =22 = 4(4B,50).
AH?  SA* AN 5

Taco



Cau 47:

Cau 48:

Cho hinh lang truy ABC.A'B'C' ¢6 tam giac ABC vuong tai 4,AB =a, AC = ax/g,AA' =2a . Hinh
chiéu vudng goc cua diém A trén mit phang (A'B'C') trung v&i trung diém H cua doan B'C’
(tham khao hinh v& dudi day). Khoang cach giita hai duong thing A4’ va BC' bang
A C
NN p, &5
5 3
Chgn C

Ké AI L BC,AK L HI .

Do AH L(A'B'C'Y= AH L B'C'= AH 1 BC ma Al L BC nén BC L (AHI)= BC L AK .
Vi AK L BC,AK | HI = AK 1 (BB'C'C).

Vi 44'|| BB'= A4'||(BB'C'C) = d(AA4',BC")=d (A4 ,(BB'C'C))=d(A4,(BB'C'C)) = AK
Xét tam gidc ABC c6 duong cao A/ nén

12: 12+ lzziz_’_%:isz[:@,BC: A32+AC2:2a.
Al AB AC a 3a 3a 2

Xét tam gidc 4'B'C’ ¢ dudng trung tuyén AH nén A'H = %B’C’ = %BC =a.

Xét tam gidc 44'H vudng tai H(do AH 1L (A'B'C')= AH 1 A'H ) nén

AH = 44> - AH* =4d* —=a* =3
Xét tam gidc AHT vudng tai 4 (do AH 1L (A'B'C')= AH L (ABC)= AH 1 Al ) ¢6 dudng
cao AK

nén ! ! ! L 4 ZLDAK:\/ZSCI:M[

AK?  AH* A 3d* 3d® 3d?

J15a
—~

(A4',BC") =

Cho hinh chép tr gidc S.ABCD c¢6 ddy ABCD 1a hinh vudng canh a . Tam giac S4B can tai S
va ndm trong mat phing vuéng gbc véi mit phing (4BCD). Goi M la trung diém cia CD, tinh



Ciu 49:

khoang cach giira hai duong thaing AM va SC theo a .

N g, &5 c. o p, &5
3 2 5 5
Loi giai
Chon D

Goi H la trung diém cua canh 4B, do tam giac S4B cantai S nén SH 1 AB.
(S4B) L (ABCD)

Taco {(S4B)N(ABCD)= AB=>SH 1 (ABCD).
SH 1 AB

Trong mit phiang (ABCD), xét tam gidc BHC vudng tai B ¢o:

2
CH =~ BH?+ BC? = /(gj +d? =¥.

Do H,M lan luot 14 trung diém ctia canh AB,CD nén AM //CH .
|AM //HC

faco {HC < (SHC), AM ¢ (SHC)

= d(AM ,SC) =d(AM ,(SHC))=d(A,(SHC)).

= AM //(SHC).

Trong mt phang (4BCD), tr 4 ké AK L HC , mat khéc ¢ SH L (ABCD) nén SH L AK

,dodo 4K 1 (SHC).Vay d(A,(SHC))= AK .

AK  AH AH a5
Tacd ABHC ~ AKHA( g. én —=—-=>AK=—PBC=——,
heo (s:g) nén 2= CH 5
a5

Vay d(AM,SC)=d(4,(SHC)) =

Cho hinh chép déu S.ABCD c6 Ola giao diém cua AC va BD. Goi M,E, F 1an luot 1a trung
diém cua AB,SC, SD . Biét SO =a; AB =2a . Khoang cach giita hai duong thing ME va CF

bang
7 % z %

A. —a. B. —a. C. —a. D. —a
4 6 6 4

Chon B



Goi 1,J 1an luot 13 trung diém cua OB, OD .

Cé o latrung diém cua 77 .

Co FJ//SO= FJ 1 (ABCD).

C6 AFEM la hinh binh hanh nén ME //AF = ME / /(AFC).

= d(ME,CF)=d(ME,(AFC))=d(M,(AFC))=d(1,(AFC)) =d(J,(AFC))
Trong (SBD) ké JH vudng goc voi OF tai H, dé c6 JH vuong (AFC).

= =
JH?  JF? JO? J6
a

%

Cau 50: Cho hinh lang tru dimg ABC.A'B'C’' ¢c6 day la tam gidc vudng va AB=BC =a, AA' = a\/z, M
1a trung diém ctia BC . Tinh khoang cach 4 cua hai duong thing AM va B'C .

Vay d(ME,CF)=

2 2 3
A d=27 B.d:“‘/_. c.d=22 D.d:‘“ﬁ.
2 2 3 7
Loi giai
Chon D
A
A’ '
:BI
B C
A S »
\ N N
B B’

Tam gidc ABC vudng va AB = BC = a nén AABC chi c6 thé vuong tai B.
|AB L BC
Ta co

= AB L(BCB').
1 BB’



Ké MN // B'C = B'C // (AMN)
=d=d(B'C,MN)=d(B'C,(AMN))=d(C,(AMN))=d(B,(AMN)).

Vi tor dién BAMN 1a tir di¢n vudng nén

1 1 1 1 1 1 1 7 a7
?:BA2+BM2+BN2:_2+ ol 227:d=TI'
2 2

Cau 51: Cho hinh lang try tam gidc 4BC.4'B'C’ c6 canh bén bing a\/E , ddy 4BC la tam giac vuong tai
B,BC = a+/3, 4B = a. Biét hinh chiéu vudng goc cua dinh 4’ 1én mat day 1a diém A/ thoa min

34AM = AC. Khoang cach giira hai duong thang 44’ va BC bing

N ax210 . aN210 c aN714 o a714
15 45 17 51
Loi giai
Chon A

Dung hinh binh hanh 4BCD, vi tam gidc 4ABC la tam giac vudng tai B nén 4BCD 1a hinh chir
nhat.
Suyra BC//AD = BC//(A'AD).

Do dé d(BC,A4A4')=d(BC,(A'AD))=d(C,(A'AD)).

Ma 34M = AC nén d(C,(4'4D))=3d (M ,(4'4D)).

Ké MH 1 AD = (A'MH) L (A'AD)= A'H .

Ké MK | AH = MK 1 (AAD)= MK =d (M ,(4'4AD)).

1 2 14
Mit khac ta c6 AC =~/ AB* + BC? =2a:>AM:EAC:?a:A’sz/A’AZ—AMZ = a‘é_.
vame icp= M _AM 1y -Ytep-lup-4.
CD AC 3 3 3 3
1 1 1 1 1 1 1 135 axl210

5T T g 2= >t 'l 2= 7 & MK =
MK A'M MH MK [a\/ﬁJ (aj MK 14a 45

3 3

Suy ra




Cau 52:

Ciu 53:

210 \210
Vay d(BC,44")=d(C,(4'AD))=3d(M,(4'AD))=3MK =3~ - a .
Cho hinh chép §.4BC ¢ day 1a tam giac déu canh 24 . Hinh chiéu vudng goc cia S trén mit phing

(ABC) 1a diém H thugc canh 4B sao cho HA = 2HB . Géc giita duong thing SC va mit phing

(ABC) bang 60°. Tinh khoang céch giita hai duong thing S4 va BC theo a.

A. Ea. B. @a. C. Ea. D. @a.
8 6 4 3
Loi giai
Chgn C

Goi N 1a trung diém BC. Trong mit phang (ABC) dung dudng thing 4 qua A va song song
vl BC.
Qua H dung dudng thang song song véi AN cit 4 tai £ va cit BC tai K. Khi d6 t
gidc AEKN la hinh chir nhat.
Tacd: BC//AE = BC//(SAE)=> d(BC,S4)=d(BC,(SAE))
Mitkhae 2B _HK _1_ K _1_, d(K ,(SAE) = éd(H,(SAE)).
HA HE 2 KE 3 2

. [AE L SH

Ta cod
AE 1 KE

Trong mit phang (SHE) ké HI 1 SE tai I .Tu do suy ra:

HI 1 (SAE)=d(H ,(SAE))=HI = d(BC,S4) = %HI.

d(K .(SAE))

= AE 1 (SHE)= (SHE) L (SAE)

f— = =
3 JSH? + HE? 6

HKzéAN:EHngsza\/g j o SHHE __al42

aN42

Vay d(S4,BC) = 4

Cho hinh chép S.ABCD c6 day 1a hinh vudng. S4 vudng goc voi miat phing day va SA=a .
Khoang cich gifta hai dudong thang CD va SB bang a . Goi M 1a trung diém cua SB . Tinh
khoang cach giira hai duong thang AM va SD .



B

Tacd CD//AB= CD//(SAB)= d(CD,SB)=d(CD,(SAB))=d(D.,(SAB)).

Do  SAL1(ABCD)=>SA1AD . Ma  4BCD la  hinh  vudng  nén:
AD 1 AB=> DA 1 (SAB)= DA=d(CD,SB)=a.

Dung hinh lap phuong 4BCD.SB'C’D’ nhu hinh v&.

Ta co:

AB'//DC'= AB'//(SC'D) = d(AM ,SD)=d(AB',SD)=d(A.(SC'D))=d(D',(SC'D)),
Goi O=5SC"NB'D'= SC' L D'O my D'D L SC'= SC' L (ODD')= (SC'D) L (OD'D)
Trong mét phing (DOD')ké D'H L OD tai H.Suyra D'H 1 (SC'D)= d(AM ,SD)=D'H

22,D,D:a:>d(AM,SD)=D'H: D'O.D'D _a\/§

Joor+pp 3

a

Tacd D'O=

vay d(AM,SD)=%.



